International/Journalon

Advancesin Telecon

D

P77/ Ii_’ﬁ\\ ‘{’"" ) j
/448 L \ ’
\

S7rrrree ‘\\ ,
rFrrrrrrruny
rrrrrrerre ;|
trrrrinrig;
\‘Y\'\"_I‘:l‘l‘ 1T
\§ Y\'Fﬁl’f

~ \\‘ VL,

2019 vol. 12 nr. 1&2



The International Journal on Advances in Telecommunications is published by IARIA.
ISSN: 1942-2601

journals site: http://www.iariajournals.org

contact: petre@iaria.org

Responsibility for the contents rests upon the authors and not upon IARIA, nor on IARIA volunteers,
staff, or contractors.

IARIA is the owner of the publication and of editorial aspects. IARIA reserves the right to update the
content for quality improvements.

Abstracting is permitted with credit to the source. Libraries are permitted to photocopy or print,
providing the reference is mentioned and that the resulting material is made available at no cost.

Reference should mention:

International Journal on Advances in Telecommunications, issn 1942-2601
vol. 12, no. 1 & 2, year 2019, http://www.iariajournals.org/telecommunications/

The copyright for each included paper belongs to the authors. Republishing of same material, by authors
or persons or organizations, is not allowed. Reprint rights can be granted by IARIA or by the authors, and
must include proper reference.

Reference to an article in the journal is as follows:

<Author list>, “<Article title>”
International Journal on Advances in Telecommunications, issn 1942-2601
vol. 12, no. 1 & 2, year 2019, <start page>:<end page>, http://www.iariajournals.org/telecommunications/

IARIA journals are made available for free, proving the appropriate references are made when their
content is used.

Sponsored by IARIA
wWww.iaria.org

Copyright © 2019 IARIA



International Journal on Advances in Telecommunications
Volume 12, Number 1 & 2, 2019

Editors-in-Chief

Tulin Atmaca, Institut Mines-Telecom/ Telecom SudParis, France
Marko Jantti, University of Eastern Finland, Finland

Editorial Advisory Board

loannis D. Moscholios, University of Peloponnese, Greece

Ilija Basicevic, University of Novi Sad, Serbia

Kevin Daimi, University of Detroit Mercy, USA

Gyorgy Kalman, Gjgvik University College, Norway

Michael Massoth, University of Applied Sciences - Darmstadt, Germany
Mariusz Glabowski, Poznan University of Technology, Poland

Dragana Krstic, Faculty of Electronic Engineering, University of Nis, Serbia
Wolfgang Leister, Norsk Regnesentral, Norway

Bernd E. Wolfinger, University of Hamburg, Germany

Przemyslaw Pochec, University of New Brunswick, Canada

Timothy Pham, Jet Propulsion Laboratory, California Institute of Technology, USA
Kamal Harb, KFUPM, Saudi Arabia

Eugen Borcoci, University "Politehnica" of Bucharest (UPB), Romania
Richard Li, Huawei Technologies, USA

Editorial Board

Fatma Abdelkefi, High School of Communications of Tunis - SUPCOM, Tunisia

Seyed Reza Abdollahi, Brunel University - London, UK

Habtamu Abie, Norwegian Computing Center/Norsk Regnesentral-Blindern, Norway
Rui L. Aguiar, Universidade de Aveiro, Portugal

Javier M. Aguiar Pérez, Universidad de Valladolid, Spain

Mahdi Aiash, Middlesex University, UK

Akbar Sheikh Akbari, Staffordshire University, UK

Ahmed Akl, Arab Academy for Science and Technology (AAST), Egypt

Hakiri Akram, LAAS-CNRS, Toulouse University, France

Anwer Al-Dulaimi, Brunel University, UK

Muhammad Ali Imran, University of Surrey, UK

Muayad Al-Janabi, University of Technology, Baghdad, Iraq

Jose M. Alcaraz Calero, Hewlett-Packard Research Laboratories, UK / University of Murcia, Spain
Erick Amador, Intel Mobile Communications, France

Ermeson Andrade, Universidade Federal de Pernambuco (UFPE), Brazil

Cristian Anghel, University Politehnica of Bucharest, Romania

Regina B. Araujo, Federal University of Sao Carlos - SP, Brazil

Pasquale Ardimento, University of Bari, Italy



Ezendu Ariwa, London Metropolitan University, UK

Miguel Arjona Ramirez, S3o Paulo University, Brasil

Radu Arsinte, Technical University of Cluj-Napoca, Romania

Tulin Atmaca, Institut Mines-Telecom/ Telecom SudParis, France

Mario Ezequiel Augusto, Santa Catarina State University, Brazil

Marco Aurelio Spohn, Federal University of Fronteira Sul (UFFS), Brazil

Philip L. Balcaen, University of British Columbia Okanagan - Kelowna, Canada
Marco Baldi, Universita Politecnica delle Marche, Italy

Ilija Basicevic, University of Novi Sad, Serbia

Carlos Becker Westphall, Federal University of Santa Catarina, Brazil

Mark Bentum, University of Twente, The Netherlands

David Bernstein, Huawei Technologies, Ltd., USA

Eugen Borcoci, University "Politehnica"of Bucharest (UPB), Romania

Fernando Boronat Segui, Universidad Politecnica de Valencia, Spain

Christos Bouras, University of Patras, Greece

Martin Brandl, Danube University Krems, Austria

Julien Broisin, IRIT, France

Dumitru Burdescu, University of Craiova, Romania

Andi Buzo, University "Politehnica" of Bucharest (UPB), Romania

Shkelzen Cakaj, Telecom of Kosovo / Prishtina University, Kosovo

Enzo Alberto Candreva, DEIS-University of Bologna, Italy

Rodrigo Capobianco Guido, Sdo Paulo State University, Brazil

Hakima Chaouchi, Telecom SudParis, France

Silviu Ciochina, Universitatea Politehnica din Bucuresti, Romania

José Coimbra, Universidade do Algarve, Portugal

Hugo Coll Ferri, Polytechnic University of Valencia, Spain

Noel Crespi, Institut TELECOM SudParis-Evry, France

Leonardo Dagui de Oliveira, Escola Politécnica da Universidade de Sao Paulo, Brazil
Kevin Daimi, University of Detroit Mercy, USA

Gerard Damm, Alcatel-Lucent, USA

Francescantonio Della Rosa, Tampere University of Technology, Finland

Chérif Diallo, Consultant Sécurité des Systémes d'Information, France

Klaus Drechsler, Fraunhofer Institute for Computer Graphics Research IGD, Germany
Jawad Drissi, Cameron University , USA

Antdnio Manuel Duarte Nogueira, University of Aveiro / Institute of Telecommunications, Portugal
Alban Duverdier, CNES (French Space Agency) Paris, France

Nicholas Evans, EURECOM, France

Fabrizio Falchi, ISTI - CNR, Italy

Mario F. S. Ferreira, University of Aveiro, Portugal

Bruno Filipe Marques, Polytechnic Institute of Viseu, Portugal

Robert Forster, Edgemount Solutions, USA

John-Austen Francisco, Rutgers, the State University of New Jersey, USA

Kaori Fujinami, Tokyo University of Agriculture and Technology, Japan

Shauneen Furlong , University of Ottawa, Canada / Liverpool John Moores University, UK
Emiliano Garcia-Palacios, ECIT Institute at Queens University Belfast - Belfast, UK
Ana-Belén Garcia-Hernando, Universidad Politécnica de Madrid, Spain



Bezalel Gavish, Southern Methodist University, USA

Christos K. Georgiadis, University of Macedonia, Greece

Mariusz Glabowski, Poznan University of Technology, Poland

Katie Goeman, Hogeschool-Universiteit Brussel, Belgium

Hock Guan Goh, Universiti Tunku Abdul Rahman, Malaysia

Pedro Gongalves, ESTGA - Universidade de Aveiro, Portugal

Valerie Gouet-Brunet, Conservatoire National des Arts et Métiers (CNAM), Paris
Christos Grecos, University of West of Scotland, UK

Stefanos Gritzalis, University of the Aegean, Greece

William 1. Grosky, University of Michigan-Dearborn, USA

Vic Grout, Glyndwr University, UK

Xiang Gui, Massey University, New Zealand

Huaqun Guo, Institute for Infocomm Research, A*STAR, Singapore

Song Guo, University of Aizu, Japan

Kamal Harb, KFUPM, Saudi Arabia

Ching-Hsien (Robert) Hsu, Chung Hua University, Taiwan

Javier Ibanez-Guzman, Renault S.A., France

Lamiaa Fattouh lbrahim, King Abdul Aziz University, Saudi Arabia

Theodoros Iliou, University of the Aegean, Greece

Mohsen Jahanshahi, Islamic Azad University, Iran

Antonio Jara, University of Murcia, Spain

Carlos Juiz, Universitat de les llles Balears, Spain

Adrian Kacso, Universitat Siegen, Germany

Gyorgy Kalman, Gjgvik University College, Norway

Eleni Kaplani, University of East Anglia-Norwich Research Park, UK

Behrouz Khoshnevis, University of Toronto, Canada

Ki Hong Kim, ETRI: Electronics and Telecommunications Research Institute, Korea
Atsushi Koike, Seikei University, Japan

Ousmane Kone, UPPA - University of Bordeaux, France

Dragana Krstic, University of Nis, Serbia

Archana Kumar, Delhi Institute of Technology & Management, Haryana, India
Romain Laborde, University Paul Sabatier (Toulouse Ill), France

Massimiliano Laddomada, Texas A&M University-Texarkana, USA

Wen-Hsing Lai, National Kaohsiung First University of Science and Technology, Taiwan
Zhihua Lai, Ranplan Wireless Network Design Ltd., UK

Jong-Hyouk Lee, INRIA, France

Wolfgang Leister, Norsk Regnesentral, Norway

Elizabeth I. Leonard, Naval Research Laboratory - Washington DC, USA
Richard Li, Huawei Technologies, USA

Jia-Chin Lin, National Central University, Taiwan

Chi (Harold) Liu, IBM Research - China, China

Diogo Lobato Acatauassu Nunes, Federal University of Para, Brazil

Andreas Loeffler, Friedrich-Alexander-University of Erlangen-Nuremberg, Germany
Michael D. Logothetis, University of Patras, Greece

Renata Lopes Rosa, University of Sdo Paulo, Brazil

Hongli Luo, Indiana University Purdue University Fort Wayne, USA



Christian Maciocco, Intel Corporation, USA

Dario Maggiorini, University of Milano, Italy

Maryam Tayefeh Mahmoudi, Research Institute for ICT, Iran

KreSimir Malari¢, University of Zagreb, Croatia

Zoubir Mammeri, IRIT - Paul Sabatier University - Toulouse, France

Herwig Mannaert, University of Antwerp, Belgium

Michael Massoth, University of Applied Sciences - Darmstadt, Germany
Adrian Matei, Orange Romania S.A, part of France Telecom Group, Romania
Natarajan Meghanathan, Jackson State University, USA

Emmanouel T. Michailidis, University of Piraeus, Greece

loannis D. Moscholios, University of Peloponnese, Greece

Djafar Mynbaeyv, City University of New York, USA

Pubudu N. Pathirana, Deakin University, Australia

Christopher Nguyen, Intel Corp., USA

Lim Nguyen, University of Nebraska-Lincoln, USA

Brian Niehofer, TU Dortmund University, Germany

Serban Georgica Obreja, University Politehnica Bucharest, Romania

Peter Orosz, University of Debrecen, Hungary

Patrik Osterberg, Mid Sweden University, Sweden

Harald @verby, ITEM/NTNU, Norway

Tudor Palade, Technical University of Cluj-Napoca, Romania

Constantin Paleologu, University Politehnica of Bucharest, Romania

Stelios Papaharalabos, National Observatory of Athens, Greece

Gerard Parr, University of Ulster Coleraine, UK

Ling Pei, Finnish Geodetic Institute, Finland

Jun Peng, University of Texas - Pan American, USA

Cathryn Peoples, University of Ulster, UK

Dionysia Petraki, National Technical University of Athens, Greece

Dennis Pfisterer, University of Luebeck, Germany

Timothy Pham, Jet Propulsion Laboratory, California Institute of Technology, USA
Roger Pierre Fabris Hoefel, Federal University of Rio Grande do Sul (UFRGS), Brazil
Przemyslaw Pochec, University of New Brunswick, Canada

Anastasios Politis, Technological & Educational Institute of Serres, Greece
Adrian Popescu, Blekinge Institute of Technology, Sweden

Neeli R. Prasad, Aalborg University, Denmark

Dusan Radovi¢, TES Electronic Solutions, Stuttgart, Germany

Victor Ramos, UAM lztapalapa, Mexico

Gianluca Reali, Universita degli Studi di Perugia, Italy

Eric Renault, Telecom SudParis, France

Leon Reznik, Rochester Institute of Technology, USA

Joel Rodrigues, Instituto de Telecomunicac¢des / University of Beira Interior, Portugal
David Sanchez Rodriguez, University of Las Palmas de Gran Canaria (ULPGC), Spain
Panagiotis Sarigiannidis, University of Western Macedonia, Greece

Michael Sauer, Corning Incorporated, USA

Marialisa Scata, University of Catania, Italy

Zary Segall, Chair Professor, Royal Institute of Technology, Sweden



Sergei Semenov, Broadcom, Finland

Dimitrios Serpanos, University of Patras and ISI/RC Athena, Greece

Ad3o Silva, University of Aveiro / Institute of Telecommunications, Portugal
Pushpendra Bahadur Singh, MindTree Ltd, India

Mariusz Skrocki, Orange Labs Poland / Telekomunikacja Polska S.A., Poland
Leonel Sousa, INESC-ID/IST, TU-Lisbon, Portugal

Cristian Stanciu, University Politehnica of Bucharest, Romania

Liana Stanescu, University of Craiova, Romania

Cosmin Stoica Spahiu, University of Craiova, Romania

Young-Joo Suh, POSTECH (Pohang University of Science and Technology), Korea
Hailong Sun, Beihang University, China

Jani Suomalainen, VTT Technical Research Centre of Finland, Finland
Fatma Tansu, Eastern Mediterranean University, Cyprus

loan Toma, STI Innsbruck/University Innsbruck, Austria

BoZo Tomas, HT Mostar, Bosnia and Herzegovina

Piotr Tyczka, ITTI Sp. z 0.0., Poland

John Vardakas, University of Patras, Greece

Andreas Veglis, Aristotle University of Thessaloniki, Greece

Luis Veiga, Instituto Superior Técnico / INESC-ID Lisboa, Portugal

Calin Vladeanu, "Politehnica" University of Bucharest, Romania

Benno Volk, ETH Zurich, Switzerland

Krzysztof Walczak, Poznan University of Economics, Poland

Krzysztof Walkowiak, Wroclaw University of Technology, Poland

Yang Wang, Georgia State University, USA

Yean-Fu Wen, National Taipei University, Taiwan, R.O.C.

Bernd E. Wolfinger, University of Hamburg, Germany

Riaan Wolhuter, Universiteit Stellenbosch University, South Africa

Yulei Wu, Chinese Academy of Sciences, China

Mudasser F. Wyne, National University, USA

Gaoxi Xiao, Nanyang Technological University, Singapore

Bashir Yahya, University of Versailles, France

Abdulrahman Yarali, Murray State University, USA

Mehmet Erkan Yiksel, Istanbul University, Turkey

Pooneh Bagheri Zadeh, Staffordshire University, UK

Giannis Zaoudis, University of Patras, Greece

Liaoyuan Zeng, University of Electronic Science and Technology of China, China
Rong Zhao , Detecon International GmbH, Germany

Zhiwen Zhu, Communications Research Centre, Canada

Martin Zimmermann, University of Applied Sciences Offenburg, Germany
Piotr Zwierzykowski, Poznan University of Technology, Poland



International Journal on Advances in Telecommunications
Volume 12, Numbers 1 & 2, 2019

CONTENTS

pages: 1-19

Joint demand regulation and capacity management for multi-cellular clusters - a Stochastic Meanfield Control
Approach

Abheek Saha, Hughes Systique Corporation, India

pages: 20 - 29

Gaussian Tone Reservation Clipping and Filtering for PAPR Mitigation
Yves Louet, CentraleSupélec - IETR Lab., France

Jacques Palicot, CentraleSupélec - IETR Lab., France

Désiré Guel, Nokia Networks, France

pages: 30 - 39

Vehicular Visible Light Communication: An Integrated 12V2V2l Connected Car Concept
Manuel Augusto Vieira, CTS-UNINOVA-ISEL, Portugal

Manuela Vieira, CTS-UNINOVA_ISEL, Portugal

Paula Louro, CTS/UNINOVA-ISEL, Portugal

Pedro Vieira, IT-ISEL, Portugal



International Journal on Advances in Telecommunications, vol 12 no 1 & 2, year 2019, http.//www.iariajournals.org/telecommunications/

Joint Demand Regulation and Capacity Management for Multi-cellular Clusters - a
Stochastic Meanfield Control Approach

Abheek Saha
Hughes Systique Corporation
Email: abheek.saha@hsc.com

Abstract—Mean-field theory is a significant recent develop-
ment in the field of stochastic optimal control. By allowing the
optimal control functions to take into account not only the state
of the individual agent, but also the common state of an entire
ensemble of mutually inter-dependent agents, mean-field theory
allows us to model ensembles of autonomous agents pursuing
individually optimal trajectories in a shared environment. In
this paper, the application of stochastic optimal control has
been shown for a very standard problem of cellular networks,
the optimum resource allocation problem. In modern cellular
networks, the optimal resource assignment for individual cells
has to take into account the loading of the entire network, since
user stations are free to adjust transmission rates and migrate
among cells and cells, while cells can also trade bandwidth
between themselves. The problem is to achieve an optimal
matching of available resources to the individual demands for
capacity, taking into account the temporal and spatial variation
in demand. By modelling the demand and capacity and their
mutual interaction using mean-field theory, it has been shown
that the matching problem can be cast as a distributed optimal
control function. We have used a novel method to solve the
corresponding mean-field game and demonstrated that the
solution provides an effective mechanism for demand regulation
and capacity assignment.

Keywords—mean-field games; stochastic control; distributed
resource allocation; distributed optimization; adaptive rate control.

1. INTRODUCTION

Stochastic optimal control is a powerful technique to
control time-varying systems with a random component in
the inputs. Developed over the last fifty years from the base
of variational inequality and dynamic programming, it has
been applied in multiple disciplines ranging from finance
to oil exploration and medical trials. By leveraging the
fundamental strength of stochastic calculus and optimization
theory, stochastic optimal control can help in developing the
control law which is used to control live processes in the face
of unknown, time varying inputs.

Wireless cellular networks have to deal with the problem
of efficient resource allocation, and it is well known that
this can be modelled as an optimal control problem [1].
In modern cellular networks the network resource allocation
function has to deal with varying adaptive user demand as
well which is also a stochastic processes. Application of
stochastic optimal control to wireless networks, however, has
been sporadic [2][3][4]. The immediate reason for this is
that optimal control problems do not easily yield analytic
solutions. In fact, most of the work in optimal control theory
is limited to linear and linear quadratic state equations.
Wireless protocol stacks are based on more complex laws.

However, there is a second, more difficult problem to solve.
In the cellular wireless world, there is the problem of inter-
node interdependence. This was recognized even in the 2nd
generation wireless networks, which were designed to be
interference constrained. Wireless networks of the 4th and
5th generation have taken this one step further. They are
built around the principles of dynamic inter-cell coordination
and cooperation for managing resources and matching them
to demand. The need for cooperative resource management
protocols is driven by two factors. The first is the ability
of individual user terminals to use larger and larger bands of
spectrum, while the overall network is spectrum-conservative;
hence network nodes must be able to deploy spectrum
flexibly in response to hotspots of demand, while minimizing
the overall spectrum deployment. The second is the need for
networks to dynamically adapt to large variations in demand,
both spatially and temporally. Cellular networks are being
moved towards newer and newer business cases such as wide-
area connectivity for cellular networks supporting Internet
Of Things, connected vehicles, etc. Most of these use cases
are dependent on network nodes being able to flexibly adapt
to new patterns in user behaviour. Hence, the paradigm of
dynamically shared resources and network node cooperation
is here to stay. There is wide-spread theoretical and practical
interest in Coordinated Multipoint networks in 4G, Hetnets
and Inter-Cell Interference Coordination (ICIC/eICIC). In-
deed, the 3rd Generation Partnership Project (3gPP) has
introduced the X-interface between network nodes as an
explicit means of inter-node coordination in real-time, in
order to make coordinated network operation possible.

A. Optimal Control for Wireless Networks

Network nodes are independent, yet coexisting agents,
tied together by the constraints of shared resources and
shared environments. In this situation, an optimal control
law which treats the network node or cell as an individual
agent and optimizes its performance in an isolated manner is
not very useful and can result in severely degraded network
performance. To apply optimal control theory to wireless
network resource allocation problem, one would need to
model the impact of resource usage by one node on the
rest of the network. One solution is to try to solve the
problem simultaneously by constructing as a /N-dimensional
control equation for all network nodes, i.e., the network state
becomes a vector of states, one for each agent. This however
leads to the dimensionality problem as the number of degrees
of freedom increase as O(n?). It also requires a degree of
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simultaneous coordinated control that is not feasible in most
wireless networks.

A strictly adversarial approach (such as used in game the-
oretic techniques) has also been used with interesting results.
In reality, network nodes cannot afford to be completely
adversarial, since they are not operating in cooperation,
not competition of each other. For example, it may make
sense for a given node to hand over load to another node
or to take over load from another node cooperatively. In
these situations, the objective is to optimize overall network
capacity, not individual node capacity. However, it is still
possible to solve this problem as a game, by writing the utility
function to take this into account. A second problem is that
game theoretic approaches require inter-node negotiation,
which requires a very large amount of signaling between
nodes and their neighbours. This makes the game-theoretic
solutions analytically difficult and hard to scale to a large
number of nodes.

What is needed then, is a way to abstract the bulk state
of the network and construct a common model for demand
and capacity and their mutual interaction. The model should
take into account both the effect of the network state on the
individual agent, as well as the effect of the independent
actions of the nodes and how it impacts the bulk network
state in turn. As shall be seen below, the mean-field model
provides exactly that.

B. The Mean-Field Extension to Stochastic Optimal Control

Mean-field theory originated in particle physics, where it is
used to model the behaviour of a large number of particles
within a single field. The states of the individual particle
follows statistical laws, which is controlled by the field itself.
However, its application to optimal control theory is relatively
recent. It was only in the first decade of the 2000s that Lasry
and Lions [5] and independently, yet nearly simultaneously,
Minyi Huang and his team [6] kicked off a concerted
research effort on optimal control of multiple interacting
stochastic processes by modeling their interactions through a
shared global variable called a mean-field constraint. Optimal
control problems of this nature are called Mean-Field Games
(henceforth MFG). The term field here is similar to the use of
field in classical physics; a common, network-wide influence
which modulates individual nodes in the field and is also
modulated by them, under the control of a universal field
equation.

The authors above showed that MFGs can be modelled as
an extension to stochastic optimal control theory, by allowing
the empirical distribution of individual network node states
to be included in the transition and cost functions. This
provides us a mechanism for incorporating the network state
variables into individual node decision control algorithms.
For example, Huang et al. in [7] use mean-field stochastic
control as a way of optimal power control in wireless
networks. Wireless nodes have to set transmission power
so as to maximize the Signal to Interference Ratio (SIR),
yet minimize cross-neighbour interference. In this case, the
latter is modelled in terms of the empirical power distribution
across the network.
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C. Objective and Structure of the paper

In this paper, stochastic control with mean-field constraints
has been applied to the problem of cellular resource al-
location. The focus is to model the demand capacity gap
in a multi-cellular environment and how this has to be
incorporated into a dynamic model for aggregate demand in
the per-cell level. By using rate adaptation models from the
existing literature, this interaction and the resultant demand-
capacity allocation problem has been modelled as a stochastic
game, which can be solved to get a common optimal control
law. A closed-form analytic solution has been worked out for
a non-linear stochastic MFG which, to our knowledge is the
first that has been presented in the existing literature.

The rest of the paper is organized as follows. In Section II,
we introduce the problem in more detail. In the next Section
II, we review the existing state-of-the-art in the area of
cellular resource management and establish the contribution
of this paper in contrast to the current literature. In Section
IV a mathematical model has been defined for modelling
adaptive user traffic, which is going to be the basis of the
theoretical model. Section V contains an introduction to
stochastic optimal control and its extension to the mean-field
constrained game, along with the adjoint equation technique
that shall be used as a basis for the solution of this game.
In Section VI, the model demand regulation problem is
introduced as a mean-field stochastic game and a closed form
solution is presented. The success of the demand regulation
algorithm is established through simulations in SectionVII.
Finally, Section VIII contains the conclusion, analysis and a
roadmap for future work in this area.

II. PROBLEM STATEMENT - DYNAMIC RESOURCE
MANAGEMENT IN WIRELESS CELLULAR NETWORKS - A
SURVEY OF EXISTING LITERATURE

The resource management problem of cellular networks
has been studied as part of dynamic network optimization
since a long time and is seen as a fundamental component of
the Self Optimizing Network (SON) [8],[9]. The problem is
briefly described as follows: there is a network consisting
of (possibly overlapping) cells in a given coverage area.
Each cell is controlled by a network node (base-station).
Within each cell, there are a number of active UEs (User
Equipment), which have a requirement for network capacity;
they communicate these resource requests to the base-station
on a frame by frame basis. Each individual network node
aggregates these per UE requests for capacity, into an ag-
gregate demand which is the state variable of the network
node, X}, appropriately normalized. This term is frequently
referred to the demand or the load of the cell. The network
nodes also have a certain amount of capacity to handle this
load, based on the resources available to it. A scheduling
algorithm distributes the capacity to the individual UEs on a
frame-by-frame basis.

The resources available in each cell are a combination
of various different physical and computational resources,
such as spectrum, power and backhaul capacity. All of these
combine to determine the overall load handling capacity CF
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of a given cell. Clearly, one would like to minimize the gap
between the available resources CF and the resources which
would be required to service the aggregate demand. The task
of the resource optimization algorithm is to ensure an optimal
deployment of resources per cell, so that the demand-gap
(difference between capacity demand and capacity available)
is minimized for all the cells in the network.

Since loading patterns vary dynamically in both temporal
and spatial dimensions, the network has to be load-following.
It must be able to use the reported aggregate load from
each cell as a basis for spectrum allocation, reallocation and
cooperative load-balancing. There are multiple mechanisms
for this as has been reported in the literature. For example,
in a dynamic network, real-time trading of spectrum may be
possible within cells belonging to a group or cluster, under
the control of a central controller. Alternately, cells may use
power as a resource; in [10], the authors use a strategy of
adjusting the transmit power of individual cells so as to let
less loaded cells expand their coverage area to take more
load. More cases shall be discussed in Section III-A. In a
cellular network, the bulk of the cell-level resources (if not
all) are shared resources, with either soft or hard constraints
on their deployment in the network. No individual node can
unilaterally change its deployment without affecting others.
In many cases, the impact of reconfiguration of an individual
resource may be network-wide. For example, a network node
increasing its transmit power will cause interference among
its immediate neighbours, whereas a network node deploying
additional spectrum will cause co-channel interference with
other nodes reusing that spectrum. Thus, a cell can only add
spectrum or increase transmit power if other cells are willing
to reduce the one or the other. Thus, adapting to load involves
cooperation between network nodes.

However, solutions to the resource allocation problem are
inadequate unless they are extended to incorporate the prob-
lem of modelling of behaviour at the user-level. This is a cru-
cial, yet often overlooked factor. User applications, especially
the data-hungry applications which dominate modern cellular
usage, are autonomously adaptive, seeking to optimize their
utility from the network by adapting to the environment that
they experience. They continuously sense the ability of the
network to service their requirements, and adapt their service
requests to this, both at the micro and the macro level. At
the macro level, they will move from heavily loaded cells to
lightly loaded cells by initiating handovers. The handover
triggering decision traditionally only used signal power;
however, with the increased density of cells, actual network
load is being increasingly used as an input. At the micro
level, they implement sophisticated rate control algorithms
so that the demand they generate will rise and fall based on
the capacity available as measured by them individually. The
mechanism for rate control is based on standard congestion
control algorithms deployed in the transport layer. There is
a near universal consensus, in modern congestion control
theory on end-to-end congestion control algorithms similar
to TCP or equivalents (Dynamic Adaptive Streaming over
HTTP (DASH), TCP Friendly Rate Control (TFRC), etc.).
This family of algorithms have widespread deployment in
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transmission stacks and have proven themselves over a long
period of time extensively in a vast variety of environments
[11]. While the basic algorithm is simple (computationally)
to implement, its rather challenging to model; this shall be
discussed further in Section IV-A.

In conclusion, the resource allocation problem can be
cast as a dynamic optimization problem, but two separate
issues have to be considered. The first is the problem of
allocation of resources in a fair manner, which has been
addressed in the literature. The second, relatively unsolved
problem, is that of anticipating user behaviour, both in terms
of mobility as well as in terms of demand variation in
response to this allocation. In general, user behaviour is
hard to model and takes time to converge to an equilibrium.
On the other hand, capacity-allocation/de-allocation on the
fly (by moving spectrum from one cell to the other, for
example) is also complex problem with unexpected impacts
network-wide. When the two occur together, they can have
significant impacts on network stability and user perceived
QoS. In this paper, the two variables, demand (load) and
capacity are mutually interdependent. Only by considering
the ones impact on the other and vice-versa, can a stable
operating equilibrium be achieved and an optimal control law
be derived. The need, then, is for a joint model of capacity
allocation and demand regulation, which shall be described
in subsequent sections.

III. PREVIOUS WORK

The existing literature in multi-cellular resource manage-
ment in wireless networks is focussed around the problem
of resource allocation and load balancing. A relatively recent
survey of the problem and analysis of the current status and
open areas is given by Andrews et al. [12]. In this work, the
authors also discuss the myths surrounding cell loading and
QoS. One of the myths identified by the authors is that the
capacity of a cell is rarely a property of the link SIR, but
also has to take into account the loading of the cell itself.
This underlies the need to do real-time resource planning as
a network management strategy.

A. Survey of existing research in multi-cellular resource
management

The approaches to multi-cellular resource management, as
found in the existing literature, can be divided broadly into
two categories. One set of research tends to focus on user
distribution, using intra-cellular and inter-cellular handovers
[13][14]. While handover optimization has been an area of
study for a long time, the use of handovers as a strategic
tool for resource optimization is somewhat more niche area.
In these papers, the handover decisions are typically taken at
the endpoints with the network nodes providing information
about current loading. In [15], the authors provide a complete
mathematical framework for this kind of re-direction, inte-
grating both the equilibrium loading as well as the resources
required for re-direction in the general analysis.

The second category focusses on dynamic resource deploy-
ment between cells. In some cases, the network nodes con-
trolling the cells operate autonomously to learn the optimal
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loading limit individually and then act to achieve this, without
needing any active inter-node coordination. For example, in
[16], the authors propose reinforcement learning techniques
for network nodes to tune specific configuration parameters
to achieve the optimal load. The cooperative approach using
explicit coordination between cells is discussed in a series
of papers by Bigham and Lin [10],[17,[18], where coverage
is used as a metric for load and power is the resource
variable to be optimized. The authors formalize a method
of structured direct negotiation between a network node
and its neighbours. The decision function optimizes the
allocation of coverage to individual network nodes by jointly
selecting the appropriate transmission signal power for each
network. The coverage area, broken into tiles is treated as
the resource. The equivalent, but more modern challenge of
coverage optimization for the multi-antenna case is treated
in the work of [19],[20]. Other approaches to the dynamic
resource planning problem involve migration of spectrum
[21]. This work is interesting because it allows both hard
and soft channel blocking strategies (channel blocking with
and without locking). The approach is extended in [22]
by incorporating support for variable demand multi-media
traffic. In this paper, the cells with multimedia traffic are
marked in terms of their potential peak traffic, not just the
current demand. By marking a cell in this state, it is taken
out of the borrowing/lending pool of cells, since this may
cause thrashing between peak and safe states. Finally, there
is a fair amount of literature, where resource management
is not cooperative, but adversarial. For example, a game
theoretic approach is found in papers such as [23]. Here the
authors model the negotiation process as a game between an
individual loaded cell and underloaded neighbour cells, with
each cell autonomously trying to maximize its own utility.

B. Contribution of this paper

Optimal resource planning in cellular networks is about
matching capacity to demand. Looking at a cluster of cells,
which are under a common optimization framework, it is
desirable to find those cells which have surplus capacity
and match them against cells which have excess demand.
Algorithms as available in the existing literature typically
tend to focus on optimization of this demand-capacity gap
and balancing it, either by moving demand to where capacity
is available (handover) or by moving capacity to where
demand exists (spectrum/power redeployment).

As discussed earlier, our focus, in this paper is on a
different problem; that of demand regulation at the cell-level
and how it interacts with optimal resource planning at the
cluster or network level. The motivation for this arises from
the fact that the demand for resources in a cell is not merely
a function of the coverage or the number of UEs (above a
certain limit), but the availability of capacity in the cell. In
other words, while capacity follows demand, demand adapts
to existing capacity (see the simulation results in Figure 3).
Hence, the need for a closed-form model which incorporates
the dynamics of both.

To this end, a demand-regulation algorithm has been pro-
posed that operates at individual cells, yet takes into account
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the availability of capacity within and without the cell, at
the cluster and possibly the network level. The algorithm has
two simultaneous purposes. One is to provide feedback to the
users within the cell optimally and the other is to model the
true demand of each cell and incorporate it into higher level
resource optimization algorithms. It has been then shown how
this demand-regulation algorithm can fit into existing models
of resource allocation to provide a seamless whole which
manages a cluster of cells at one time.

The problem of demand regulation vis-a-vis capacity lim-
itations has been studied for many years in the context of
the Internet and there are well- understood models of rate
adaptation, which have been used for many years in the
wired world. There are also existing models for modelling
the aggregate behaviour of bandwidth adaptive TCP based
applications as a stochastic process, which has been used in
this paper. The key novelty in our paper is the incorporation
of network-wide capacity and adaptive demand as part of a
single demand management algorithm, and the solution of
the resultant optimal control problem as a stochastic mean-
field game. By using the outcome to drive both user-level
rate-adaptation as well as macro resource management, it
will be shown that it is possible to deliver stable, con-
trollable capacity levels in a multi-cellular cluster which
adapts automatically to the available capacity. Further, this
algorithm works smoothly with macro-resource optimization
and UE initiated optimal network attachment strategies (such
as handovers) to smoothen demand and allow load-balancing
over an ensemble of cells.

A key term that that shall be using repeatedly through
this paper is congestion. Congestion, in our approach is a
key metric of the twin problems of demand management and
resource allocation problem. It is equally applicable to the
end-point users as a metric of the ability of the network
to respond to variations in demand, as well as external
network management or resource allocation functions, as a
metric of utilization of resources. In other words, its scope
is both local (within the cell) and global (across a cluster of
cells). Our demand management algorithm provides a way
to compute the congestion level which is both globally and
locally applicable.

A model for solving the multi-cell resource management
as a mean-field game has been described in a previous paper
[1]. Using a simple linear model for demand and capacity,
this previous work has shown how cells could choose a
stable operating point for resource utilization, both at the
network level as well as the cell-level, which would take
into account both the variations in resource allocation, as
well as the variations in demand. In this paper, the existing
approach is extended by providing a practical usable close-
form solution to the coordinated resource management prob-
lem. The solution moves from the simplified static demand
models to widely used models for dynamic data traffic, which
dominates wireless traffic today. To this end, the bandwidth
adaptive endpoints have been modelled as demand generating
agents using TCP-like bandwidth hunting algorithms and the
solution framework has been reformulated as a mean-field
stochastic optimization problem. The mean-field game solved
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in this paper is not of the standard linear quadratic form; to
our knowledge, this is the first paper to provide an analytical
solution for a non-linear mean-field game in the available
literature.

IV. MODELING OF USER LEVEL DEMAND

Modern communication networks are dominated by data-
traffic. Analysis depends on an understanding of how data
connections behave in a dynamic environment. Our task is
simplified by the fact that the majority of modern data-
based applications use the Internet Transport Control Protocol
(TCP) as the backbone transport protocol. This is true for
Internet browsing, as well as video streaming using Dy-
namic Adaptive Streaming over HTTP (DASH). To accu-
rately model the traffic patterns seen in a modern wireless
system, one has to start by understanding how TCP protocol
stacks work. It is well known that TCP connections are
explicitly designed to be simultaneously bandwidth hunting
and bandwidth-conservative. A TCP data source constantly
increases demand as its current demand is met and it senses
that there is surplus bandwidth in the network. On the
other hand, if it detects a lack of bandwidth, it reduces its
bandwidth demand aggressively. The combined behaviour is
approximated by Additive Increase and Multiplicative De-
crease (AIMD). The multiplicative decrease ensures that TCP
behaviour is cooperative. The success of the TCP bandwidth
hunting algorithm is such that even non TCP connections
are nowadays required to maintain TCP like transmission
rate management protocols. For example, the TCP Friendly
Rate Control [24] is now an Internet standard for bandwidth
control of media flows such as those proposed in Web real-
time communication (WebRTC).

A. Modelling TCP dynamics at the cellular level

In order to model the load balancing problem mathemat-
ically, there is a need to select a suitable model for TCP
connection dynamics, which incorporates both the traffic
model, as well as its reaction to network feedback. It would
be preferable to have a model which can aggregate a number
of TCP flows, approximating the aggregate demand seen by
a single cell. After the landmark work done by Paxson et
al [25], there has been a large amount of interest in the
modeling of the kind offeedback-sensitive traffic seen in
TCP and there is now a large corpus of work available for
modelling both TCP [26],[27],[28],[29] and TCP like traffic
[30],[31]. These models are complicated by the asymmetric
nature of the AIMD algorithm and are much too complex for
us to use directly. Further, most of these models are time-lag
systems, because individual TCPs are crucially dependent on
the round-trip time. Analysis requires transformation to the
Laplace domain, and is highly complex.

However, if one switches to modelling aggregate be-
haviour, then the job becomes easier. In the modelling of
the collective behaviour of a number of independent TCP
connections, the discontinuities tend to smoothen out; further,
the effect of round-trip time in the aggregate can be abstracted
out. These are known as mul-TCP models [32],[33],[34],

International Journal on Advances in Telecommunications, vol 12 no 1 & 2, year 2019, http.//www.iariajournals.org/telecommunications/

which aim at modeling bulk-traffic reacting independently
to congestion signals.

1) Kelly’s model for aggregate TCP flows: The rest of the
paper shall use the model proposed by Kelly in his landmark
work [32]. The Kelly model is simple enough to be used
in analysis and has an intuitive structure. What it proposes
is simply this. At any given point of time ¢, the demand
is measured as an aggregate variable X;, which reacts to a
congestion state U; of the network (which is treated as the
control variable). At any instance of time, a fraction U; of
the members of the ensemble of users in the cell are given a
congestion signal; these react by multiplicatively decreasing
their transmission rate. The rest of the users, who do not
receive a congestion signal, increase their transmission rate
additively, by a single segment. If the total number of users
is W, the resultant dynamics is given by (1).

dXi = (Wi s (1-Ul) — X« U;’) dt + o'dB,
_ (Wi _UIW X)) dt+o'dB, (1)

It is to be noted that W is also a cell specific term (because
each cell may have a different number of active users) and
captures the elasticity of demand within the cell. X' can be
replaced by X* = W + X’ to simplify the notation above.

dX; = (W' -U/X]) dt + odB, )

The model in (2) is simple, yet rich with possibilities.
Readers would notice that it matches the form of the clas-
sical Ornstein-Uhlenbeck diffusion process (3). A physical
interpretation of Ornstein-Uhlenbeck diffusion is that of a
spring with spring constant £ and damping coefficient ~,
where § = k/~ and mean-position p, starting from a rest
position and moving under the effect of thermal fluctuations.
In our particular case, one can see that due to U; being an
externally computed optimization variable, it is effectively
manipulating both the mean rest position p as well as the
spring constant k. It can be argueid that this is because of
the difference in the feedback between the two cases. In the
case of a Hookean spring, the feedback for a given value of
X, is necessarily linear to X; — u. In our case, the feedback
will be a function, but it may not necessarily be linear.

dX: =0 (p— Xy)dt + 0%dBy, X¢|i—o0 = 20 3)

A standard Ornstein-Uhlenbeck diffusion is mean-reverting;
in the long term, the value of X; converges towards u.
Further, its probability distribution converges to a Gaussian
distribution. These are very useful properties, because they
show the way for us to stabilize our particular model. If it
can be demonstrated that our model ((2)) behaves approx-
imately like a Ornstein-Uhlenbeck diffusion in a suitably
chosen domain of X, it is reasonable to assume that the
convergence properties of the classical Ornstein-Uhlenbeck
diffusion model should hold, intuitively. As it happens, this
turns out to be correct in this case.

B. Congestion signaling and feedback in the context of TCP

The TCP protocol has a rate-adaptation mechanism which
operates on the basis of a built-in mechanisms of measuring
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congestion. The primary among these are packet drops and
variations in round trip time for acknowledgements from
the receiver, which feed into its sliding window mechanism
for controlling transmission rate. These mechanisms were
introduced in TCP Reno and are universally acknowledged as
having successfully solved the network congestion problem.
The algorithms have been fine-tuned over the years and more
modern versions of TCP (such as Vegas and Westwood)
use more sophisticated functions of the round-trip time and
other indicators to augment the basic feedback. However,
selective packet dropping using dynamic buffer management
has been the tool of choice for congestion signaling in the
wired internet. Routers and switches in the WAN routinely
use probabilistic packet dropping as a way of controlling end-
point traffic; for example, Random Early Dropping (RED)
is an Internet standard which selectively drops packets at a
given target drop rate in order to force end-users to use rate-
control on the incoming interfaces to stay below the capacity
of its outgoing links.

In the wireless world, queue management is typically
done in the core network, but it is directly effected by the
bandwidth deployed in a cell and the manner of allocation.
If there is a large amount of destination traffic d for a
given cell, whereas the bandwidth deployed results in a
capacity ¢!, over-time the queue builds up as the accumulated
difference of the two ¢! = tzl (di — ci) dt. As the queue
builds up, packet dropping takes place (RED packet dropping
is assumed), which in turn acts as a congestion signal for the
endpoint. Packet dropping also happens naturally in wireless
communications, due to link errors. However, with modern
encoding techniques such as Low Density Parity Check
(LDPC) and Turbo, the incidence of packet dropping per flow
is typically of the order of 10~° or less and has very little
impact on the TCP throughput.

In our particular situation, the congestion is dynamically
controlled by introducing artificial packet drops at a com-
puted rate p(t). By doing so, the feedback to the end-point
rate-adaptation protocols is controlled and hence, the demand
at a cellular level. The feedback has to be continuous, not a
discrete jump from congestion to no congestion. To do this,
the base-station continuously tracks the expressed demand
and sets the target congestion rate to the adaptive buffer
management system, as the solution of our optimal control
algorithm requires. This relation between demand, capacity
and congestion is given by the concept of effective bandwidth
[35],[36], [37]. The effective bandwidth of a channel of a
given buffering capacity B in the face of a variable traffic
source X (t) is the packet clearing rate r required to limit the
probability of buffer overflow to some value e. This can be
expressed functionally as in (4).

Q= [ (X - ot
0
e=Pr[Q(t) > B]VO<t<T 4)
A simple application of effective bandwidth in our case
may work as follows. There are a number of agents NV, a

clearing capacity C' and a buffer of size B (all units are in
segment sizes). At a given point ¢, there is a feedback of p
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broadcast to the agents. Each agent takes a random decision
whether to transmit or not, based on p. The number of
outcomes in which the transmissions exceeds C' at any given
point of time is given by X, = ZkN:CJFBH New_ (1=
p)*pN—F_ This is precisely the tail probability of a binomial
distribution. By the Chernoff-Hoeffding inequality, it can be
that shown that the probability of X exceeding the buffer
size can be approximated as in (5).

> 10101 = (1 {-CLE) (s

If the required clearing rate is set to C' and the buffer to
be 0C, then the achieved drop rate is given by the equation
above. In other words, by limiting the clearing rate and the
drop rate, the system can drop packets at the appropriate rate.
This gives us a simple method to relate the allocated capacity
C and the congestion feedback p.

Further, this formula also gives us a way to compute the
surplus capacity in a cell and associate it with the target
congestion rate p. The surplus capacity is nothing but the
difference between the allocated bandwidth C%, . in each
kth cell and the equilibrium demand rate X*. This can be
used as a way to redistribute resources. This shall be explored
in the simulations below.

In real life, the TCP model is more complex than this,
because a TCP endpoint will emit a number of packets
depending on the current state of its window; an exact Cher-
noff bound for multiple TCP endpoints is hard to compute.
However, it is strictly speaking not necessary; rather, the
buffer management system can simply directly use RED
to achieve the target drop rate, as long as it maintains a
clearing rate greater than the anticipated demand rate X[.
The difference between th (or equivalent bandwidth thereof)
versus the capacity actually available to the kth cell C}, is the
surplus capacity and is what is available for redistribution to
other cells.

V. STOCHASTIC OPTIMAL CONTROL AND MEAN FIELD
GAMES

This section covers the basics of mean-field stochastic
optimal control. For the rest of this paper the following
mathematical conventions are followed. Variables are in up-
percase X; and functions in lower case b(X;). The subscript
B, indicates a variable changing with time. Functions are
Lipschitz continuous and adapted wherever applicable. E()
represents the expectation function.

A. Fundamentals

The basic stochastic optimal control problem is as follows.
Consider a system described by a state variable X, which is
controlled by the transition function (6) given below

dXF =b(XF U)dt + o(XF,U,)dBF ©)

The variable U; = u(X[) is the output of a control function
u(), which only depends on the state variable X;. As is
standard for stochastic calculus, it is assumed that all pro-
cesses are adapted adapted to the filtration generated by the
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stochastic process B, which is a Brownian motion. Further,
b() and o() are Lipschitz continuous bounded functions as
required for the standard definition of a Wiener process.
The system governed by this equation has a long term cost
function as in (7), and the initial value of X; is known.

T
®(2°,U, T)=E g(XT)+/ f(XFUy)dt
0

X(0)= 2° 9

The aim is to find the optimal control function «*(¢) from a
set of possible control functions u of Lipschitz continuous,
bounded and adapted functions, so as to minimize the ex-
pected minimum total cost ®(z0, a,T’), over the time period
[0, T, including the termination cost g(X).

The general solution techniques are derived from the
corresponding deterministic optimal control problem. There
is, however, one important difference which increases the
complexity of the problem. In a deterministic control prob-
lem, the state variable corresponding to each choice of u()
can be forecast. In a stochastic control problem, one is
faced with uncertainty in the future. At each point ¢, the
value of u(t) has to be based on the information as known
up to then, ie., Xy VO < s < ¢. This is known as the
filtration of the process variable, X;. A solution of the form
u(Xy) = (1/2) (X + Xp—y), for example, is not acceptable,
because X _; cannot be forecast at time ¢. In a deterministic
setting, on the other hand, this would be perfectly acceptable.
In other words, in a stochastic setting u() has to be non-
anticipatory.

There are two techniques which are used to solve stochas-
tic optimal control problems, both of which have analogues
from the world of deterministic optimal control. The first is
the Hamilton Jacobi Bellman formulation, briefly described
in Section V-C1, which extends the equivalent Bellman Ford
technique of optimal control. The second is the adjoint
equation technique, described in Section V-C2, which extends
the Pontryagin Minimum Principle for the stochastic case.

B. Adding the Meanfield Constraint

The stochastic control problem is now extended by adding
the mean-field constraint. This extends a one-off optimization
problem to a multi-agent optimization which involves N
agents, (where N is fairly large) trying to solve the same
stochastic control problem in parallel. Each agent starts
from a different starting value xé, 1 < ¢ < N. The N
optimization problem becomes a game when their reward
and cost functions are incorporate a common mean-field
term, which is a function of the empirical distribution of
the state-variable th, 1 < k < N at each point ¢. Hence,
the optimization problems are entangled with each other.
Consequently, for each separate optimization problem, the
equati/o\ns (6), (7) change to the form given in (8). The
term X; = h(u;X) is the mean-field term, where y;* is the
empirical distribution of X, over all )V agents participating in
the game. In the simplest case, X; is simply the average value
of X;. However, more complex functions are also possible.
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In general, any integrable expression of the type fOT o)

is admissible.
AXE = b(XF, Uy, XF)dt + o (X}, U, X0)dBY

® (°,U) = E{g (XT,E) +/Tf (Xf,Ut,)’C) dt}

0
1 N
pE (V) =5 > Ix,=y
j=1
- T
X, = / h(x)duX 8)
0

Since the actions of each agent in the game impacts the
others, solving the game requires taking into account the
global ensemble of states. Thus, when computing the optimal
strategy U™ for an individual agent, one has to forecast how
this will affect the empirical distribution z;X of the individual
state variables XF, 1 <k < N.

1) Solvability of a mean-field game: Before the actual
solution technique, the solvability of the problem given in (8)
has to be established. There are two specific considerations,
each of which have been addressed in the literature. The first
concerns the existence of a solution. The second is tied to
its robustness.

In order to demonstrate the existence of a solution, it has
to be shown that the equilibrium mean-field term p;X and the
optimal strategy are consistent with each and self-reinforcing.
As per the expression in (8) the empirical distribution ;<
directly affects the cost Phi() and hence the outcome of the
transition function b(). In turn, because all the N agents all
independently execute the same control function, the entire
ensemble of X and consequently their empirical mean X
are driven by the choice of u*(X[,uX). In other words,
there is a direct relationship between the choice of u*()
and the consequent u;X. Equilibrium is established when
the partial derivatives of each respect to the other is zero.
Thus, our optimal solution must anticipate the evolution
of the mean-field distribution s; itself as a function of
t. Ideally, a subspace of il,;, C 4 of the domain &l of
possible optimal control functions can be found, such that
a choice of optimal control strategy u;(X;) € Upry will
drive the empirical distribution ;¥ in such a way that )/(\t
stabilizes to an independent variable. At this point the mean-
field optimization problem reverts to a standard stochastic
optimization problem with an added variable Xj.

Typically, convergence in optimal control is solved by the
variational inequality approach. An optimal control function
uy is a stable equilibrium if it can be shown that a small
perturbation € to u; will lead to a linear degradation in the
Hamiltonian of the cost function ®() proportional to €. The
problem here is that this means differentiating the Hamil-
tonian with respect to the empirical distribution ;<. The
mathematical foundation of this has been discussed by Lasry
[5], using the Wasserstein space of probablity measures. By
using a suitably defined lifting function /i() which can replace
the term 4% in the Hamiltonian, a derivative with respect to
u is possible.
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The second associated problem is that of robustness. Recall
that the underlying assumption is that all N agents are execut-
ing the same optimal control function u;. But this assumption
only holds if the optimal solution itself is deviation proof. In
other words, no individual agent can get better results by
executing a separate strategy at any time-period 0 < ¢ < T
This is the Nash equilibrium or Nash Certainty Equivalence
principle described in [6]. The authors demonstrate that NCE
solutions are possible in mean-field games, which can be
solved by taking the limiting value of N (N — o0) and
converting the empirical distribution of the ensemble to the
expected distribution of X} for each k as the stochastic game
evolves. It shall be shown in the case of the solution technique
in the HJB-KFP approach Section V-C1 below. The NCE
has very interesting properties. For example, the robustness
property holds even in the case where the number of agents
are small as long as the agents cannot track the individual
states of other agents. In this case, it has been shown that
it is the optimal strategy for each agent to follow the Nash
equilibrium strategy, because deviation is punished as long
as the others are following the same strategy.

C. Solution techniques for the Stochastic Mean-field Game -
overview and comparision

Due to the above issues, solutions for stochastic optimal
control problems with mean-field games are more complex
than the standard stochastic control problem. There are two
main techniques, both of which depend on solving Forward
Backward Stochastic Differential Equations (FBSDE). To
date, most of the research in solutions of MFGs pertain
to a special class of MFGs, the so-called Linear Quadratic
MFG [38][39][40]. There two main approaches that shall
be discussed below, which have been studied mostly in the
context of LQMFGs. Recently, a paper has been published by
Pham and Wei [41], which discusses a dynamic programming
solution to these games. However, it is not covered here.

Of the two widely used methods for solving general mean-
field games, this paper shall focus more on the adjoint
approach. A brief description of the HJB technique in Section
V-Cl1 is provided for completeness. In both cases, the solution
is in the form of an FBSDE. This is due to the afore-
mentioned essential difference between the deterministic and
stochastic problems, that a deterministic differential equa-
tion is time-reversible, but a stochastic one is not. For a
deterministic differential equation, the backward equation can
be re-cast as a forward equation, simply changing the sign
of the variable. The resultant solution holds true for either
case. However, the stochastic optimal control law cannot
be anticipatory, i.e., it can only use the information about
X, upto the time ¢ and no further [42]. Hence the forward
and backward versions of the same stochastic differential
equation may have different solutions.

1) The HJB-KFP approach: The classic way to solve

a stochastic optimal control problem is to construct the
Hamilton Jacobi Bellman (HJB) equation, which, for the

International Journal on Advances in Telecommunications, vol 12 no 1 & 2, year 2019, http.//www.iariajournals.org/telecommunications/

above problem is given in (9).

2
%0 (g + bl Veo + Z L0920 4 (g = 0
o o? 9
6(V) = g () ©)

The value of u = w* which solves this equation for all y
gives the optimal value of u. Note the second derivative
term, which makes the solution rather complex. The function
H(y,b, f,z,u) = (y(z,u),bz,u)) + f(z,u) is called the
Hamiltonian; the solution to the above equation depends, to
a very large extent, on the structure of the Hamiltonian.

To extend the HJB technique for the stochastic mean-
field case, one makes the fundamental assumption that as
the number of agents becomes large, the empirical distribu-
tion for the states of the individual agents approaches the
probability distribution for the state of each of the individual
agents, i.e., instead of taking an empirical distribution over
N players, the distribution of X} can be modelled directly,
based on the known starting distribution of the agents. In
[6], Huang et al. have shown that this assumption leads to a
Nash equilibrium. The probability distribution of the state
variable X; for an individual agent evolves according to
the Kolmogorov Backward equation (sometimes called the
Kolmogorov Fokker Planck or KFP equation). By combining
this together with the HJB equation, as shown below (10),
together with the probability distribution of the starting state,
the optimal control u* can be derived so as to drive the two
equations into a mutual equilibrium. In a stable equilibrium,
the long term probability distribution of X under the Fokker
Plank equilibrium should match the empirical distribution of
Xk as T — o0, leading to a stable solution for the HJB
equation and thereby making the equilibrium self-sustaining.
In this situation, it is postulated that X{,? — X; as the
distribution evolves, for large values of T'.

o? .
dr = = V26 + H(Vod,b, [, XE ue, Xo)
e — 1 = =
dX; = —b()vat + 502(1')V2Xt7 Xt|0 =E [X(ﬂ

or = g(Xr)

X, =E[X}], XF =0 (10)
The HJB equation is a backward stochastic differential equa-
tion, whereas the KFP is a forward equation. Once again,
the value of u which solves both equations simultaneously
is the optimal control function. The KFP-HJB technique has
been used successfully for LQMFGs in many papers; a good
example is that of Bardi [38].

2) The Adjoint Equation Approach: A second method is
the direct analogue of the Stochastic Maximum Principle
[43], which in turn is conceptually similar to the Pontrya-
gin maximum principle for solving deterministic optimal
control problems. The approach requires us to convert the
constrained optimization problem into a generic optimization
problem involving the state variable and its dual. In the SMP
case, there are two duals, one for the drift term and the other
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for the diffusion term. Hence, two stochastic variables Y;, Z;
have to be found such that the equation pair (11) holds.

—dY;= V1 (Ye, Ze,b, f, XF,u) dt + Z,dBY

Yr= V.9 (Xr) (11)

In this equation, the Hamiltonian takes the extended form
defined as in (12).

HY, Z,b, f,z,u)
=Y, b(z,u)) + tr{ZT.cr(u)} + flz,u)

OuH(p,q,b, f,x,u™) =0 12)

The expression for u(X;) which gives a joint solution of
X, Yy, Zy (if it exists), provides an optimal control function
u*. Note, once again, that the equation involving Y;, Z;
is a backward stochastic differential equation since only a
termination value of Y; is provided. The expression above is
true for a simplified version of the SMP, where the function
o() is independent of X;. If o() is a function of X, then
one needs to add a second pair of variables to take care of
the additional risk of modifying the diffusion term in dX[.
The interested reader should consult Yong [42, Section 3.1]
for more information. The rest of this article only considers
problems where () is independent of both x and wu.

By incorporating the two additional variables and the
mean-field term ng , the extended Hamiltonian is as shown
in (13). It is required to extend the adjoint equation approach
to the mean-field case, in a way that takes into account the
evolution of the mean-field term in (11), as shown in (13).
Here ¥ is the distribution at time ¢ for the state variable
X;.

fl(X,y,z,f(,u):’H(X,y,z,uf(,u) (13)
As X, changes, the nature of y;% also changes and this has to
be taken into account in the solution to the adjoint equation.
In general, the problem may not require p;X directly, but
typically a moment of y;¥. For example, many stochastic
control problems deal with the average values of X, which
can be expressed as E (X;) = [ Xdu;*. The existing litera-
ture offers multiple approaches within the general Stochastic
Maximum Principle framework. The first method can be used
if the mean-field term can be expressed as a simple integral
of the form [ f().dX,(). In this case, the Hamiltonian can be
differentiated directly, by writing the extended Hamiltonian
H as a lifted version of the standard Hamiltonian, allowing us
to take the derivative with respect to the distribution j;*. For
example, if the function H(x, piX) involves the distribution
pi¥ in the form of (m(2)p¥) = [m(z)du;, then the
derivative of the Hamiltonian H(x, (m, ;1)) with respect to
11 becomes 0, x H = dpHp*.

The full expression for the stochastic Maximum Principle
is then an FBSDE as shown in (14).

dXF = b(XF, U, XF)dt + odBF, X*(0) = x¢
—dY, =V H (XU Yy, Zey it ) dt
+E[0,H(XE, U Y, 20, X0)| + Zud B

Yr = V.9 (X7) +E[0.9 (X7)] (14)
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D. Analytical approach to solving the adjoint problem

In general, FBSDEs are difficult to solve analytically,
though numerical solution techniques exist. However, if one
is just interested in finding the optimal control term, then
an analytical approach is possible. The trick to an analytical
solution is to make a good guess at the domain from which
a possible mean-field optimal solution U* must come, the
afore-mentioned l,,, 4. Recall that there are two conditions
that must b/e\satisﬁed; one that U* must stabilize the mean-
field term X, and two, that U* must be optimal in the Nash
sense. If not, it g/izes one of the agents an incentive to deviate
(possibly after X; has stabilized), which violates the Nash
equilibrium requirement.

One possible approach is a variational inequality technique
as suggested by Bensoussan in [39]. This approach considers
the situation that all of the agents, other than the kth agent, is
using the optimal strategy and only the kth agent is deviating.
The solution then looks at finding a deviation proof solution.
The optimal strategy, if it is deviation proof, will lead to
a fixed point solution, where by X; = E[X|g(z:)] = 2,
where g(z;) represents the moment of the distribution that is
incorporated into the value function. Because the problem is
linear quadratic, the transition function for X can be directly
derived by taking the expectation of the transition function of
X} and removing diffusion term. This leads to the condition
for existence of a stable equilibrium which is deviation proof.

This approach is extended in [44], which is the one
followed in this paper. In this, first the class of the optimal
control function u; is computed, by solving the stochastic
control problem assuming X; is an independent variable.
By substituting the general element of this class back into
the transition function and taking expectations, the specific
members of the class for which a stable equilibrium arises
can be isolated. Since all members of the class are optimal in
the generic sense, this gives a range in which the mean-field
game has a stable solution. Hence, this solution technique
may be implemented in three steps. Only the first and second
steps require an analytic solution.

1) First solve the stochastic optimal control problem (11),
using a deterministic variable z; in place of the mean-
field term.

2) Use the solution for the optimal strategy U; and
rewrite the expression (11) as the evolution of the
mean-field term by taking expectations over ;¥ on
both sides. The stochastic optimal solution becomes a
deterministic solution, with the diffusion term gone and
can be solved using standard numerical techniques. The
outcome is an expression for the mean-field term as
an evolution in time, given the known optimal strategy
uy. The advantage of having a deterministic differential
equation for the mean-field term is that it can be
computed individually by each agent, as long as the
starting value is known. This crucial factor shall be
used in the current implementation.

3) Substitute this in the first equation and now solve
simultaneously for a final solution of Xj.

The technique can be extended to cases where X, is an
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arbitrary function of X, as long as the expectation of
the terms on the right hand side of (14) is defined and
computable.

VI. APPLICATION TO THE DEMAND REGULATION
PROBLEM

The analysis can now return to the original demand-
regulation model, by casting it as an MFG. The overall
system model is as follows. There is a cluster of cells, which
are integrated into a common resource management unit as
seen in Figure 1. The initial analysis is restricted to the single-
cell case. Here, each cell has a set of active, independent
end-users N} of dimensionality Nj. These end-users are
continuously requesting the network node within the cell
for bandwidth allocations, so as to make forward or reverse
transmissions. In this paper, the focus is on the forward link,
which represents the bottleneck in most cellular systems. The
results hold with appropriate modification, for the reverse
link as well. The network node controlling the cell allocates
resources based on an algorithm that adjusts measures the
aggregate demand and provides congestion feedback to the
end-users within the associated cell. The congestion feedback
is automatically used by the end-user rate control algorithms
to adjust their resource requirements. The purpose of the
proposed algorithm is to ensure that the aggregate demand
in the cell reaches a stable equilibrium at a set point relative
to the capacity available to that cell.

—

(W) fx)

and capacity

esource

Common Resource
redeployment
Management

[9e

[
o

(KD \%{' (ﬁ;&»
3 .

X3 ()

[ ]
o

Cell Cluster

Tandovers by users

Figure 1. Cluster of cells under a common resource management
framework

In the multi-cell case, external resource allocation algo-
rithms can compare the congestion in different cells to iden-
tify over-loaded and under-loaded cells and then reconfigure
the resources appropriately. Thus, if capacity is suddenly
made available to one cell, the congestion metric in all
cells will reflect the change and can be used to trigger
handovers or resource reallocation. The core aspect of the
proposed algorithm is the common function, which computes
the congestion metric at the cellular level. As seen from
the literature survey in Section III-A, this kind of joint
optimization that takes into account the user behaviour as
well as the availability of resources, is novel in the published
literature.
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A. Demand regulation as an optimal control problem

The aggregate demand in each cell is due to the collective
dynamics of a large number of TCP connections, coexisting
in a shared channel of fixed capacity. This is modelled at
the cell-level by the state variable X} for the kth cell. The
TCP and TCP-like connections enter and leave at various
times; however, since they share the same resources, their
collective behaviour is affected by the overall capacity of the
system. The coupling between the endpoints and the system
comes through packet drops. The packet drop rate is under
the control of the cell-level demand regulation mechanism.

The objective is to create an algorithm for regulating
aggregate demand as the cell level by setting the optimal
packet drop rate as a function of aggregate demand X[
and cell-capacity CF. The packet dropping is a congestion
signal, which acts to expose the state of network resources
to the UEs. By adjusting it as needed, and knowing how
the endpoints react to this signal, the aggregate demand (and
consequent throughput) X[ is driven to its desired value. It
is to be noted that packet dropping is processed individually
at each endpoint. However, it is still possible to control it so
as to influence the aggregate behaviour, as shall be shown.

The optimal level of X} is a function of how much
capacity CF is available and how close the aggregate demand
is allowed to come to it, i.e., the cell-level load factor. Ideally,
it should be allowed to be as close to the available capacity
as possible, without exceeding it, so as to keep utilization
high. However, allowances have to be made for the variation
in demand. The variation in demand is based on two parts.
One is the natural variation (connections terminating and new
ones arriving), captured through a random diffusion term. The
second is the variation of demand due to packet dropping; this
is captured in the model in (2). High level of packet dropping
can cause significant oscillations in X} due to simultaneous
back-off by a number of endpoints; this is something to be
avoided by appropriate algorithm design.

1) Setting an optimal reward function: For a TCP connec-
tion, the instantaneous bandwidth is not of interest. Rather,
the total number of bytes transferred is what counts, which
is the integral of the instantaneous bandwidth variable. How-
ever, the cost of the deployed resources has also to be
incorporated. The optimization problem, as given in (15),
hence becomes choosing the optimal congestion response
u(X}) to the current state, so as to minimize the integrated
cost function ®(X;, u(X:)). The cost function will have
two parts, one of which handles the capacity demand gap
and the second the congestion signal. It is to be noted
that congestion signaling is a real cost, in the sense that it
comes from the deliberate packet drops in the core. Hence,
it has real consequences in terms of resource utilization. The
termination cost g(X;) is of relatively little significance and
can be selected so as to enable us to solve this FBSDE, while
still being intuitively valid.

dX;= (W' —U}X])dt + ocdB,

*,0 .
Uy "= argo<y, <; min ®(zo, U)

T
B (o, Up, ri)= / [6(X U ) b dt + g(X5) (1)
0
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The variable r; is a set-point that is used as the target
capacity, and as of now, it is assumed that it is an independent
external variable supplied by the network management func-
tion. It has to be incorporated into ¢() in such a way that cost
rises with | X; —r¢| . In the mean-field case, this variable will
contain the mean-field term, as shall be seen in Section VI-D.
The selection of the appropriate form ®(x,u,r) is deferred,
till the form of the differential equation to be solved has been
established.

B. Existence of a solution - independent cells with target
congestion

The analysis starts with the non mean-field case, and is the
resultant solution is then extended to the mean-field case,
as suggested by [45]. The initial algorithm starts with the
standard form of the stochastic Hamiltonian (16). The suffix
¢ is dropped in the rest of this section, because the entire
analysis is only in the context of a single cell.

H(z,u,y) =y.b+ f=y(W — X Uyp) + ¢(X Uy, 7 X16)

There are two conditions that have to be fulfilled by the
optimal control function u. The first one, in (17), simply
requires that the derivative of the Hamiltonian is zero.

auH = 0= _S/;Xt + Xtaz¢(2)|z:XtUt =0

=Y, = -0.0(2)|.=x,v, (17)

The second one is the condition for the dual of X;. Specif-
ically, it dictates that the optimization problem in (15) can
be solved if the variables Y;, Z; can be found such that (18)
holds [42].

dYi= —0,H (X, Us) + Z:dB,
= - (VU + U0:9(2)|.=x,v,) dt+
Op (X4, 1) + Z1dBy

Yr= 0, h(Xt)|i=1 (18)

Substituting the value of y from (18) in (18), we get (19).

d}/t = — 11/1(Xt, Tt)dt — thBt (19)

Our method takes a novel approach in the search for so-
lutions of Y;,U;. Instead of solving the stochastic PDE
directly, it is converted to the equivalent functions in Xy, i.e.,
Y: = y(Xy), Uy = u(Xy), By Ito’s formula, y(X;) can be
differentiated directly as given in (20). The advantage of this
approach is that it moves from derivatives in ¢ to derivatives
in terms of X, and it is possible to choose appropriate forms
of y() and u(). Direct solution of the FBSDE is not required.

1
dYy= 0,y(X¢)dX; + 5a;fy(xt)(dxt)?

= 0. (X) (W — Xeu(X0) e+ 0dB) + % 02X,

0.2

(20)
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Comparing the terms with dB; from (19) with the above,
Zy = 00,y(X}). Collecting the terms for dt from (20) and
(19), we get the identity in (21).

02
0.y(@) (W = Xu(X)) + T-03y(@) = ~0,(a,7)
2n

1) Appropriate solutions for Y;: First, it is to be empha-
sized that the expression in (21) has no direct dependence on
t. Hence, it is only necessary to solve Y; and U, as a function
of X;. For this purpose, the previous relation between Y; and
Uf can be used, as y(z) = —0.0(X¢, u(Xt))|:=x,.u(xy)
from (17). There is another consideration, however, that
needs to be taken care of. The chosen solution should
degenerate to the non-stochastic case as o | 0. One way
of achieving this is to ensure that d2y(x) to be of the
same form as Jyy(x) (W — zu). Essentially, this means
that the expression on the left hand side of (21) becomes
(1 —02/2) 8,y(x). Obviously, if o | 0, only the constant
multiplier changes.

To provide a solution, an appropriate form for the two
components of the reward function ¢() and () is proposed
as in (22). As discussed before, the first term incorporates the
aggregate demand and the congestion as the product X,U;
and the second term incorporates the gap between X; and r;
as a cost;

1
H(XUp)= —§Xt2Ut2

= Yi= - X, U (Xy)((17)) (22)
How can the form of ¢() be justified as a cost function as
given in (22)? It can be seen that ¢() decreases as XU, rises.
In other words, if a high value of achieved bandwidth X; can
be maintained in the face of high congestion Uy, the solution
is preferable. Since reduction of the congestion metric can
only be achieved by adding to the available resources within
the cell/network, it makes sense to reward the combination of
high congestion U; and high bandwidth X;. For the second
reward, the corresponding form of (X, ;) is as given in
(23).

Xt

2
Y( Xy, )= (77 — efr_t)
O0ep( Xy, 1e)= L (77 - 6_%)

Tt

(23)

The expression (X, r) is designed to penalize deviation
of (X;/r¢) from the fixed term 7. X;/r; is the classical
utilization term and log(1/7) becomes the target value. S
is a discount factor with respect to the growth term W. W
and [ are taken common in the rest of the expansion, but
actually can be scaled on a per-cell basis, as long as the ratio
W/ is maintained. As shall be seen subsequently, 8 can
be expressed in terms of 7. n becomes the crucial operator
supplied constant, which controls the demand regulation
function. The higher its value, the tighter the regulation. The
system response to set values of 7 shall be demonstrated in
the Section VII when the simulation results are presented.
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2) Analytic solution of the FBSDE: It is now necessary
to use the forms of ¢() and () as given in (22) and (23) to
solve the stochastic PDE equation in (21). The deterministic
case is solved first and then the stochastic case is solved as
an extended form of the deterministic case. Hence the first
step to propose a form of y(x) such that 9%y(z) is of the
same form as d,y(x) or y(x)d,y(x).

In this article, the latter approach is chosen; y(z) =
—6(1- 67%) as given in (24). Recall that r; is an inde-
pendent, but deterministic variable with known values at each
time ¢. By the second equation in (22), ¥; = —Xu(X;). By
taking Y; as proposed in (24), the value of u(z) = y(z)/x
is well defined for small values of x. In fact, as x — 0, the
congestion term becomes & [3/r;.

Yi=—B[1-ec ]

815/15 - _ﬁe_%t
Tt
Xt
02Y, = e (24)
T
Substituting this against the identity in (21), and taking
advantage of the fact that X;u(X;) = —Y;, the expression
in (25) are derived.
- 11/1(Xt,7’t)
_x B _x\ B _x
= {(W—B(l.O—e t)) <_7’_te t>+7_§e t}
t 2 t
= —ﬁe_% [W - 08— z —l—ﬁe_)’(t}
Tt 2Tt
2
2 t ﬁ - W -z t
= 0, 0( Xy, 1) = ﬂ—eff_t ( ( ”) — ef_t>]
Tt B

By taking the corresponding form of t(X¢,r:) as given in
(23), the relationship between the operator supplied control
factor n and the corresponding values of 3, « is as in (26).

(-

n= #7
= M’ a:ﬁQ (26)
1—n

Hence, the appropriate form of the optimal control function
for the stochastic optimal problem as posed in this section,
as given in (27).

27)

C. A practical justification of the proposed model

While there exists a solution to the given problem, it is still
necessary to justify the solution in practical terms. Starting
with the form of uj as given in (27) above, the original
state equation as given in (2) is examineded by taking the
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computed form of y; and substituting the optimal value of
Xy (Xy) = —Yi. On doing this operation, we get the
transition function as given in (28).

Xt

dX} = <Wi -8 (1.0 - eT:)> dt +odB; (28)
It is to be noted that the term W' — 5(1.0 — exp—f—f) is
just W for X} = 0 and reduces gradually, till it changes
sign for a particular value of X}, the transition value ((29)).
If the capacity available in a cell is known, it can be used in
the formula in (29) to set the appropriate value of 8. Even
though W* can usually not be directly controlled, it can be
estimated from the number of UEs in the cell, since each UE,
in the uncongested case, simply increases transmission rate
by 1 segment per round trip time. Equilibrium in a cell can
be maintained simply by controlling the transition point, at
which the capacity change term in (28) turns negative. This
in turn gives us the practical capacity limit per cell (29).

. 1
Xtcvz =T 10g (Wi—ﬂ) =Tt lOg (m) (29)

In other words, the terms W and 3 play no role in the
equilibrium; they only control the elasticity of demand as
congestion changes. This is very important for the subsequent
analysis, because each cell will have a different combination
of users and the value of W* will vary from cell to cell.

Let us now consider the form of the optimal congestion
function u*(X}) as given in (27). For small values of X;/ry,
uj &~ [/ry and the transition function starts behaving like a
standard Ornstein-Uhlenbeck diffusion problem.

Once again, 7 turns out to be the crucial external param-
eter that controls the equilibrium operating point. From the
expression of ¢() and the relation between S and 7 in the
second equation in (26), it can be seen that 7 is a measure of
how close the current load X; can be allowed to approach the
effective capacity r;. Adjusting this value means adjusting
value of B, which in turn controls the discounting of the
congestion term in (27) to the growth term W.

D. Extension to multiple cells - the mean-field problem

The control problem is extended in this section to incor-
porate the multi-cell case. The multi-cell case works on a
cluster of cells N, whose capacity allocations are integrated
with each other, and allocations/deallocations of capacity are
done for the cluster as a whole. Further, the cells in the
cluster are geographically close to each other, and all users
have visibility of all the cells in the cluster; this is frequently
how hotspots are configured in urban areas. This assumption
allows us to implement joint allocation of resources and allow
movement of users between cells within the cluster. There is
no restriction to the size of the cluster, or the number of cells
in it, as long as the above restrictions hold.

Within the cluster, the demand regulation algorithm must
ensure that the cells are utilized evenly (load balancing) and
the congestion metric u} gives both the UEs and the resource
management algorithm a good approximation of the overall
utilization within the cluster as well as the utilization within
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each cell. This is necessary to provide appropriate feedback
both to the UEs and to the resource management operating for
the cluster as a whole. The individual UEs freely move within
the cluster to optimize their QoS, based on the congestion
feedback. External resource management in turn uses the
congestion metric to compare relative utilization of capacity
and urgency of demand within the cells of the cluster.

Mathematically, the demand regulation algorithm has to
be modified so that the congestion metric tracks both the
cell-specific resource loading as well as the average loading
within the cluster. A cell with high load, but relatively less
metric is a signal to the UEs that there is surplus capacity
in some other cell within the cluster. On the other hand, a
cell with high load and a high metric indicates to UEs that
there is no surplus capacity in the entire cluster and that UEs
should pull back their demand so as to reduce loading within
the immediate cell. It is proposed to make this happen by
adding a cluster average term to the reward function. Recall
that the consolidated stochastic control problem is given as
in (30), for each jth cell in the cluster, and the corresponding
optimal congestion function is given in (31).

T , ) .
Minimize / (XY re,ud)dt + g(X2,75)
0

where dX/ = (W ~x/ u-g') dt + odB,
x{ 2 1
FO )= 57 <n—e ) - 3P 6o
o x5\ ?
g(X{,rl)=p? <77—e )
Xt|t:0:500
W= ﬁj (1 - e_%t) 31)
Xt

The term 3 (77 —exp{ —):—j]}) penalizes the deviation of the

fraction X7/ r{ from the target value 7, where T'Z denotes a
kind of threshold level of resource usage within the cell. A
second factor is now introduced into 77, which is the ratio
between the empirical average of X; among all the cells in
the target cluster C, as shown in (32).

Nc

— 1 X
Xt: N_C ZXt
k=1
CCy
T+= ——
Xy
— 1 i
Xi= % th
jec
r C1Cy

(32)

Effectively, problem has been converted in to a mean-field
optimization problem, with the mean-field term being the
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Figure 2. Evolution of the empirical mean for different values of W, n
and C

empirical average E(\t For any individual jth cell, the con-
gestion signal v is then affected by both the cell’s own
bandwidth level X/ /r] and the empirical average value.
Since r; is a part of the reward function, this turns the N,
separate optimization problems (one per cell) into a game.
It is clear that the game has to be solved cooperatively.
For example, any individual cell raising X} will cause the
empirical average to rise; this, in turn may cause one or more
of the other cells to cross the threshold term in the term (),
which will force it to reduce its own X7, j # k.

1) Solving the mean-field demand regulation problem:
The next step in the mean-field analysis is to compute
the function X,Vt¢. To do this, it is necessary to solve the
expectation of the original diffusion (2), substituting the
optimal value of u; as computed in (31). The corresponding
deterministic differential equation is given in (2). Note that
the diffusion term is no longer present; however, r; is also
no longer an independent variable.

X, = (W - i)@u(}@)) dt

X
1 W 025(\2
( X, <1—n 2clcz<1—n)> i ”)
W o2 — _XE
=Wt — - X, ) (1—e @@ )dt
(1—77 2C,Co (1 —n) t)( )

(33)

The differential equation in (33) can be solved numerically.
However, it is easy to see that a stationary point exists, where
dX, — 0. For small values of o2, the stable point should
be at X ~ /(C1.Cy.In(1/7)). The parameter W dictates
the rate of convergence. This is demonstrated in Figure 2,
which shows the evolution of X for different combinations
of W, n and C. As noted earlier, the value of 1/ has no impact
on the final equilibrium achieved, only the equilibrium rate.
Hence, one can also model heterogeneous populations within
cells, where different cells have different numbers of UEs
and further, different UEs have different traffic generating
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patterns facing different round trip times. At the top level,
the combination of these just add up to different values of
W for each cell. Since the value of W plays no part in the
optimal control term given in (27), it is also not something
that needs to be estimated.

In the final step, the mean-field term is inserted back
into optimal transition function to get the mean-field optimal
control law. The optimal control thus occurs in two steps
at each time ¢ at each cell. First the current value of X; is
estimated, either by directly sampling it from all cells within
the cluster, or by each cell computing the current value from
(33). It is then inserted back into (27) so as to get the optimal
congestion metric u; for each cell. The congestion metric is
used to set the buffer value based on the dynamic given in
(4) and (5).

VII. SIMULATION RESULTS

In this section, the performance of the mean-field demand
regulation algorithm through simulation is shown. There are
two primary purposes to the simulation. One is to show
how the simulation stabilizes the performance of the entire
system by providing appropriate feedback in each cell. The
second is how the simulation allows cooperative resource re-
distribution to take place, by providing the appropriate signals
to the end-user and the network resource allocation function.

The mean-field based demand regulation algorithm has
been simulated on a six-cell cluster, each cluster being
allocated a set of UEs and a set of resources Each UE
is downloading data using a simplified TCP-Reno protocol
stack, with a Maximum Segment Size (MSS) of 1200 bytes
and a maximum window size of 64. It is assumed that the
round-trip time is approximately 50ms, which means that
each UE has a saturation transmission rate of 12.3 Mb/s.
The cells each have a capacity of about 50Mb/s. Congestion
signalling is performed by each cell by fair dropping (as used
in RED), using the dropping rate computed by the demand
regulation algorithm. In the case where there is no dynamic
congestion signaling, a buffer of approximately 1MB is avail-
able to each cell, subject to Random Early Dropping. The
base stations/eNodeBs use a simple fair-sharing scheduling,
using Scott Shenker’s fair sharing protocol, with bandwidth
delay trade-off. There is a baseline packet drop rate of 1077,
with minor or no impact on the system.

A. Comparison against the default situation - no demand
regulation

The first scenario compares the performance of the pro-
posed algorithm against the situation where there is no
demand regulation algorithm working. The first three cells
start out with 24 active UEs each and the second three cells
with 12 active UEs each. Each cell is allocated capacity
equivalent to 100Mb/s. The comparative results for aggregate
bandwidth utilization are presented in Figure 3. There are
three congestion cases presented with operator supplied 7
value of 0.3, 0.5 and 0.6 corresponding to the graphs in
Figures 3b, 3c and 3d respectively.
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Two things stand out very clearly from the above. First,
it is clear that bandwidth hunting TCPs operating in a cell
with limited capacity will drive the bandwidth utilization
to saturation, regardless of the number of users [Figure
3a]. Second, congestion feedback is an effective tool to
regulate the behaviour of TCPs in this regard. Recall from the
discussion in VI-B that the parameter 7 regulates the impact
of the mean-field term on the generic control function. For
small values of 7, mean-field demand regulation is switched
off. As n approaches 1, the effect of mean-field demand
regulation starts dominating overall performance. The result
can be seen in the demand regulation cases shown in the
Figures 3b, 3c), 3d. As the value of 7 rises, sharply rising
congestion feedback forces users in congested cells to back-
off in order to avoid saturating the cell. Further, recall that
B is approximated by W/(1 — n). Hence, for larger values
of W, the demand regulation algorithm is more aggressive
in communicating congestion to the end-users as is expected
from the model.

An alternative scenario is given in the second set of graphs
in Figure 4, where the number of users in each cell is
the same (20 users per cell), but the capacity allocation is
different. The first three cells have 50Mb/s capacity each,
whereas the last three cells have 36Mb/s. The unregulated
demand case and the case where demand is regulated by
setting 7 to 0.3 is presented in Figures 4a and 4b respectively.
The congestion metric for the second case is presented in
Figure 5. It is clearly seen how the congestion metric clearly
separates out the two different cells, so that the lower capacity
cells see a higher congestion metric, even though the capacity
utilization value is the same. This allows the system to
handover cells from lower to higher capacity cells, using the
congestion metric as a guide.

B. Performance in conjunction with macro level resource
management

In this section, it is shown how the demand regulation
algorithm works when coupled with external resource man-
agement. The simulation is extended to include both user
initiated network assisted handover (based on congestion)
and dynamic resource swapping between cells. The macro-
resource management entity is treated as an external module,
which has visibility into the basic runtime statistics of each
cell; number of UEs, allocated channels and (in the cases
where demand regulation mechanism is active) the computed
congestion metric. The resource management as well as
handover is continuously active. At each frame it selects pairs
of cells and moves a unit of spectrum from one to the other
with a probability proportional to the gap between the load
metrics. The load metric for a cell is either the computed
congestion metric, if available, or the number of UEs in
the cell. The same metric is communicated to UEs that are
considering handover, by network signaling. The UEs use the
same probabilistic approach to choose when to handover. It
may be argued that this is an overly simplistic mechanism
for macro-resource management. Our position is that the
specifics of the mechanism may be kept simple, because the
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Figure 3. Simulation results - six cell cluster, comparative capacity utilization, variable users per cell, no handovers

focus is on how useful the proposed demand regulation is in
working with this or any other macro-resource management
algorithm.

For the simulation, the six cell scenario is retained, but
now each cell start with a variable number of users and
a variable amount of bandwidth per cell. To make matters
interesting, the cells with the maximum capacity available
have the minimum number of users to start with. The
first three cells have 100 Mb/s of capacity and 10 users
each. The last three cells have 50Mb/s of capacity and 20
users each. The comparison is between the default case (no
demand regulation) and the cases where the proposed demand
regulation algorithm is running with 7 values of 0.3 and
0.5. The simulation starts off with the macro level resource
management disabled for the first 4000 frames and then is
switched on. The transition can clearly be seen in the two
figures.

Figure 6 shows the comparative bandwidth utilization
between the default and the demand regulation algorithm. It
can be seen that macro-resource optimization is working in

both the cases; however, whereas the default case still shows
different levels of utilization in the cells after rebalancing
(Figure 6a), the managed demand/congestion cases provide
an extremely tight balancing with respect to the default case.
In both the n = 0.3 case (Figure 6b) and n = 0.5 (Figure
6¢) cases, the capacity utilization stabilizes to a similar level
of 90% after the rebalancing takes place.

To understand the reason for the difference, note how the
congestion signal is computed in Figure 7a and Figure 7b
below, corresponding to the n = 0.3 and = 0.5 cases
respectively. The default case does not use the congestion
metric for feedback; rather it uses the number of UEs in
each cell. In this situation, the number of UEs per cell is
quickly balanced. However, each UE has its own rate-control
and when one moves to another cell, it takes a long time
to adjust its current state based on the new environment.
Hence, even within the same cell, there is large variation
in the performance between UEs. On the other hand, the
congestion-metric computed by the demand regulation metric
already takes network state into account. This means that
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all UEs have similar rate-control states once equilibrium
is reached and they tend to have very similar performance
subsequently. One of the purposes of demand regulation is
provide fair allocation of capacity. The fairness of allocation
is measured in terms of a metric + that measures the spread
of allocations (achieved throughput) per UE in a given cell.
The metric is computed as in the equation (34) where t(m)
measures the throughput of the mth UE and N is the set of
UEs in the kth cell.

max;c Ny, t(]) - mianNk t(])

34
maxyen, 1)) G

Ve =

Figure 8 shows the allocation fairness for each of the
simulated cases. Since fair scheduling has been implemented
within each cell, the difference is purely because of the dis-
balance between allocated capacity and per-cell demand. This
simulation shows the difference in the starkest terms. Because
the congestion metric takes into account the global state, it

forces the per-UE allocation into a tight band, with complete
fairness between cells.

VIII. CONCLUSION AND FUTURE WORK

In this paper, we have demonstrated the application of
mean-field stochastic optimal control to the problem of
optimal resource management in a wireless cellular network,
one of the most demanding problems of wireless network
control. We have demonstrated that we can apply mean-
field control to regulate demand within individual cells, in
keeping with cell-specific and network wide capacity levels.
Consequently we have demonstrated that an integrated load-
balancing and resource deployment solution can be achieved,
with significantly superior performance, as opposed to the
standard case where demand is not regulated and resource
allocation uses external metrics such as the number of UEs
in a cell. As part of the theoretical framework, we have also
derived a closed form analytical solution for a non-linear
mean-field model, which is novel in the MFG literature.
As we have shown, this algorithm is implementable by
incorporating it directly the dynamic buffer management at
the cellular and system level. This is sufficient to provide the
appropriate feedback to the end-users. We also show how
the same dynamic buffer management algorithm works with
macro-resource optimization algorithms to achieve stability
and fair load-balancing, across multiple cells. The application
of stochastic control techniques, and stochastic games in
general, has rich potential application in the wireless and
cellular domain.

In future work, this shall be extended to more advanced
problems, such as coordinated multi-point, multi-user Multi-
Input Multiple Output (MIMO) and dynamic network slicing
for 5th generation networks. Here, a key extension will be
to track the UE when it is a member of more than one
cell at any point of time. In this situation, the mean-field
control will apply not just to the cell, but to the UE as
well. A second possible area of work is in application to
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Figure 6. Simulation results - six cell cluster, comparative capacity utilization with handovers and channel swapping

heterogeneous environments, such as leader-follower envi-
ronments, as studied in [7]. This kind of environment occurs,
for example, when there is a single macro-cell and multiple
small-cells; the macro-cell follows its own individual control
law, to which the small cell has to adapt. This gives rise
to interesting one-sided equilibriums, which are not readily
solved using the Nash Certainty Equivalence principle. These
shall be considered in future work.

2019, © Copyright by authors, Published under agreement with IARIA - www.iaria.org

17



International Journal on Advances in Telecommunications, vol 12 no 1 & 2, year 2019, http.//www.iariajournals.org/telecommunications/

0.8

16

14

12

Per cell congestion metric

' ‘ ' ' ' ' Cell0 ——
Celll ——

Cell 2
Cell 3
Cell 4
Cell5 ——

2000 4

000 6000 8000 10000 12000 14000 16000 18000 20000

(a) Regulated demand, n = 0.3

0.8

Per cell congestion metric

' ‘ ' ' ' ' Cell0 ——
Celll ——
Cell 2
Cell 3

2000

4000 6000 8000 10000 12000 14000 16000 18000 20000

(b) Regulated demand, n = 0.5

Figure 7. Simulation results - six cell cluster, congestion metric feedback to macro resource controller

Fairness in allocation - throughput spread per cell

Cell 0
Celll —
Cell 2 A
cell

C ]
Cell5 —— 4

2000 40

00 6000 8000 10000 12000 14000 16000 18000 20000

(a) No demand regulation

120

100

80

60

40

20

Fairness in allocation - throughput spread per cell

' ‘ ' ' ' ' Cello ——
Celll —
Cell 2
Cell 3
Cell 4
Cell5 ——

R

e

ool il bt il o

2000

4000 6000 8000 10000 12000 14000 16000 18000 20000

(b) Regulated demand, n = 0.3

Fairness in allocation - throughput spread per cell

120 : , : , , , , , ,
Cell0 ——
Celll ——
Cell 2
100 - Cell 3 1
Cell 4
Cell5 —
80 | 1
60 | 1
40 | 1
20 | 1
0 . 4 ; s Lded )l

2000

4000 6000 8000 10000 12000

14000 16000 18000

20000

(c) Regulated demand, n = 0.5

Figure 8. Simulation results - six cell cluster, allocation fairness with handovers and channel swapping

2019, © Copyright by authors, Published under agreement with IARIA - www.iaria.org



International Journal on Advances in Telecommunications, vol 12 no 1 & 2, year 2019, http.//www.iariajournals.org/telecommunications/

[1]

[2]

[3]

[4]

[5]
[6]

[7]

[8]

[9]

[10]

[11]

[12]

[13]

[14]

[15]

[16]

(171

[18]

[19]

[20]

REFERENCES

A. Saha, “Dynamic resource allocation and balanced cell loading - a
stochastic meanfield approach,” in Proceedings of the 14th Advanced
international conference on Telecommunications. IARIA, July 2018,
pp. 69-74.

L. Georgiadis, M. J. Neely, L. Tassiulas et al., “Resource allocation
and cross-layer control in wireless networks,” Foundations and Trends
in Networking, vol. 1, no. 1, 2006, pp. 1-144.

M. J. Neely, E. Modiano, and C.-P. Li, “Fairness and Optimal Stochas-
tic control for Heterogeneous Networks,” IEEE/ACM Transactions On
Networking, vol. 16, no. 2, 2008, pp. 396-409.

T. Holliday, A. Goldsmith, N. Bambos, and P. Glynn, “Distributed
power and admission control for time-varying wireless networks,” in
Proceedings of the International Symposium on Information Theory.
IEEE, 2004, pp. 352-352.

J.-M. Lasry and P.-L. Lions, “Mean field games,” Japanese journal of
mathematics, vol. 2, no. 1, 2007, pp. 229-260.

M. Huang, R. P. Malhamé, P. E. Caines et al., “Large population
stochastic dynamic games: closed-loop McKean-Vlasov systems and
the Nash certainty equivalence principle,” Communications in Infor-
mation & Systems, vol. 6, no. 3, 2006, pp. 221-252.

M. Huang, P. E. Caines, and R. P. Malhamé, “Individual and mass
behaviour in large population stochastic wireless power control prob-
lems: centralized and Nash equilibrium solutions,” in Proceedings of
the 42nd IEEE Conference on Decision and Control. IEEE, 2003,
pp- 98-103.

O. G. Aliu, A. Imran, M. A. Imran, and B. Evans, “A survey of
self organisation in future cellular networks,” IEEE Communications
Surveys & Tutorials, vol. 15, no. 1, 2013, pp. 336-361.

D. Liu, L. Wang, Y. Chen, M. Elkashlan, K.-K. Wong, R. Schober,
and L. Hanzo, “User association in 5G networks: A survey and an
outlook,” IEEE Communications Surveys & Tutorials, vol. 18, no. 2,
2016, pp. 1018-1044.

L. Du, J. Bigham, L. Cuthbert, P. Nahi, and C. Parini, “Intelligent
cellular network load balancing using a cooperative negotiation ap-
proach,” in IEEE Wireless Communications and Networking, March
2003, pp. 1675-1679 vol.3.

J. Widmer, R. Denda, and M. Mauve, “A survey on tcp-friendly
congestion control,” IEEE network, vol. 15, no. 3, 2001, pp. 28-37.
J. G. Andrews, S. Singh, Q. Ye, X. Lin, and H. S. Dhillon, “An
overview of load balancing in hetnets: old myths and open problems,”
IEEE Wireless Communications, vol. 21, no. 2, April 2014, pp. 18-25.
H. Kim, G. De Veciana, X. Yang, and M. Venkatachalam, “Distributed
alpha-optimal user association and cell load balancing in wireless
networks,” IEEE/ACM Trans. Netw., vol. 20, no. 1, Feb. 2012, pp. 177—
190. [Online]. Available: https://doi.org/10.1109/TNET.2011.2157937
K. Son, S. Chong, and G. D. Veciana, “Dynamic association for load
balancing and interference avoidance in multi-cell networks,” IEEE
Transactions on Wireless Communications, vol. 8, no. 7, July 2009,
pp. 3566-3576.

O. K. Tonguz and E. Yanmaz, “The mathematical theory of dynamic
load balancing in cellular networks,” IEEE Transactions on Mobile
Computing, vol. 7, no. 12, Dec 2008, pp. 1504-1518.

P. Muiioz, R. Barco, J. M. Ruiz-Avilés, 1. de la Bandera, and
A. Aguilar, “Fuzzy rule-based reinforcement learning for load bal-
ancing techniques in enterprise lte femtocells,” IEEE Transactions on
Vehicular Technology, vol. 62, no. 5, 2013, pp. 1962-1973.

J. Bigham and L. Du, “Cooperative negotiation in a multi-
agent system for real-time load balancing of a mobile cellular
network,” in Proceedings of the 2nd International Joint Conference
on Autonomous Agents and Multiagent Systems. New York,
NY, USA: ACM, 2003, pp. 568-575. [Online]. Available: http:
/ldoi.acm.org/10.1145/860575.860666

L. Du, J. Bigham, and L. Cuthbert, “Towards intelligent geographic
load balancing for mobile cellular networks,” IEEE Transactions on
Systems, Man and Cybernetics, Part C (Applications and Reviews),
vol. 33, no. 4, 2003, pp. 480-491.

A. K. Gupta, H. S. Dhillon, S. Vishwanath, and J. G. Andrews,
“Downlink multi-antenna heterogeneous cellular network with load
balancing,” IEEE Transactions on Communications, vol. 62, no. 11,
Nov 2014, pp. 4052-4067.

D. Bethanabhotla, O. Y. Bursalioglu, H. C. Papadopoulos, and
G. Caire, “User association and load balancing for cellular massive
mimo,” in Information Theory and Applications Workshop (ITA), Feb
2014, pp. 1-10.

[21]

[22]

[23]

[24]

[25]

[26]

[27]

[28]

[29]

[30]

[31]

[32]

[33]

[34]

[35]

[36]

(371

[38]

[39]

[40]

[41]

[42]

[43]

[44]

[45]

S. K. Das, S. K. Sen, and R. Jayaram, “A dynamic load balancing
strategy for channel assignment using selective borrowing in cellular
mobile environment,” Wireless Networks, vol. 3, no. 5, Oct 1997, pp.
333-347.

S. Kim and P. K. Varshney, “Adaptive load balancing with preemption
for multimedia cellular networks,” in IEEE Wireless Communications
and Networking, March 2003, pp. 1680-1684 vol.3.

A. Awada, B. Wegmann, 1. Viering, and A. Klein, “A game-theoretic
approach to load balancing in cellular radio networks,” in Personal
Indoor and Mobile Radio Communications (PIMRC), IEEE 21st In-
ternational Symposium on. IEEE, 2010, pp. 1184-1189.

M. Handley, S. Floyd, J. Padhye, and J. Widmer, “TCP Friendly
Rate Control (TFRC): Protocol Specification,” Internet Requests
for Comments, RFC Editor, RFC 3448, January 2003. [Online].
Available: http://www.rfc-editor.org/rfc/rfc3448.txt

V. Paxson and S. Floyd, “Wide area traffic: the failure of poisson
modeling,” IEEE/ACM Transactions on Networking (ToN), vol. 3,
no. 3, 1995, pp. 226-244.

J. Padhye, V. Firoiu, D. Towsley, and J. Kurose, “Modeling tcp through-
put: A simple model and its empirical validation,” ACM SIGCOMM
Computer Communication Review, vol. 28, no. 4, 1998, pp. 303-314.
S. H. Low, “A duality model of tcp and queue management algorithms,”
IEEE/ACM Transactions on Networking (ToN), vol. 11, no. 4, 2003,
pp. 525-536.

J. Padhye, V. Firoiu, and D. Towsley, “A stochastic model of tcp reno
congestion avoidence and control,” University of Massachussetts, Tech.
Rep., 1999.

R. Shorten, F. Wirth, and D. Leith, “A positive systems model of tcp-
like congestion control: asymptotic results,” IEEE/ACM transactions
on networking, vol. 14, no. 3, 2006, pp. 616-629.

J. Padhye, J. Kurose, D. Towsley, and R. Koodli, “A model based tcp-
friendly rate control protocol,” in Proceedings of NOSSDAV. Citeseer,
1999.

X. Yin, A. Jindal, V. Sekar, and B. Sinopoli, “A control-theoretic
approach for dynamic adaptive video streaming over http,” in ACM
SIGCOMM Computer Communication Review. ACM, 2015, pp. 325—
338.

F. Kelly, “Mathematical modelling of the internet,” in Mathematics
unlimited, 2001 and beyond. Springer, 2001, pp. 685-702.

F. Paganini, J. Doyle, and S. Low, “Scalable laws for stable network
congestion control,” in Proceedings of the 40th IEEE Conference on
Decision and Control, Dec 2001, pp. 185-190 vol.1.

S. H. Low, F. Paganini, and J. C. Doyle, “Internet congestion control,”
IEEE Control Systems Magazine, vol. 22, no. 1, Feb 2002, pp. 28-43.
F. P. Kelly, “Effective bandwidths at multi-class queues,” Queueing
systems, vol. 9, no. 1-2, 1991, pp. 5-15.

A. L. Elwalid and D. Mitra, “Effective bandwidth of general marko-
vian traffic sources and admission control of high speed networks,”
IEEE/ACM Transactions on Networking (TON), vol. 1, no. 3, 1993,
pp. 329-343.

C.-S. Chang and J. A. Thomas, “Effective bandwidth in high-speed
digital networks,” IEEE Journal on Selected areas in Communications,
vol. 13, no. 6, 1995, pp. 1091-1100.

M. Bardi, “Explicit solutions of some linear-quadratic Mean field
games,” Networks and heterogeneous media, vol. 7, no. 2, 2012, pp.
243-261.

A. Bensoussan, K. Sung, S. C. P. Yam, and S.-P. Yung, “Linear-
quadratic Mean field games,” Journal of Optimization Theory and
Applications, vol. 169, no. 2, 2016, pp. 496-529.

0. Guéant, “Mean field games - equations with quadratic Hamiltonian:
a specific approach,” Mathematical Models and Methods in Applied
Sciences, vol. 22, no. 09, 2012, p. 1250022.

H. Pham and X. Wei, “Dynamic Programming for McKean-Vlasov
dynamics,” Control and Optimization, SIAM Journal on, vol. 55, no. 2,
2017, pp. 1069-1011.

J. Yong and X. Y. Zhou, Stochastic controls: Hamiltonian systems and
HJB equations. Springer Science & Business Media, 1999, vol. 43.
S. Peng, “A general stochastic maximum principle for optimal control
problems,” SIAM Journal on control and optimization, vol. 28, no. 4,
1990, pp. 966-979.

R. Carmona, F. Delarue et al., “Forward—backward stochastic differen-
tial equations and controlled McKean—Vlasov dynamics,” The Annals
of Probability, vol. 43, no. 5, 2015, pp. 2647-2700.

R. Carmona, F. Delarue, and A. Lachapelle, “Control of McKean—
Vlasov dynamics versus Mean field games,” Mathematics and Finan-
cial Economics, 2013, pp. 1-36.

2019, © Copyright by authors, Published under agreement with IARIA - www.iaria.org

19



International Journal on Advances in Telecommunications, vol 12 no 1 & 2, year 2019, http.//www.iariajournals.org/telecommunications/

Gaussian Tone Reservation Clipping and Filtering
for PAPR Mitigation

Yves Louet*, Jacques Palicot* and Désiré Guelt
*CentraleSupélec/IETR, CentraleSupélec Campus de Rennes, 35510 Cesson-Sévigné, France
{yves.louet, jacques.palicot} @centralesupelec.fr
T Nokia Networks 7 Route de Villejust, 91620 Nozay, France
desire.guel@nokia.com

Abstract—A Gaussian function for clipping associated to a
Tone Reservation filtering is presented in this paper in order to
decrease multicarrier Peak to Average Power Ratio (PAPR). The
advantage of this approach is twofold: first, the Gaussian clipping
function is a soft non-linear function which keeps constant the
average power of the signal, which is a characteristic of great
importance in real transmission; second, the Tone Reservation
filtering by inserting the corrected signal on reserved carriers
guaranties a complete downward compatibility (it means that
the receiver does not need to be changed with the update of the
transmitter) with classical receivers. The filtering is performed
in the frequency domain by putting the corrected signal on
the free carriers of the considered standard (in our case the
Wifi IEEE802.11). Furthermore, our approach does not need
any side information. In addition to the previous advantages,
extensive simulations show very interesting performance in the
complexity/PAPR decreasing trade-off compared to others similar
methods.

Index Terms—PAPR; clipping; Gaussian; OFDM.

I. INTRODUCTION

Orthogonal Frequency Division Multiplexing (OFDM), al-
though used in many standards such as 4G and 5G, IEEE
802.11a/g, IEEE 802.16, HIPERLAN/2, and Digital Video
Broadcasting (DVB), is prone to high Peak-to-Average Power
Ratios (PAPR). Large PAPR values require linear High Power
Amplifiers (HPA), which is not energy efficient. The combina-
tion of an insufficiently linear HPA with a signal of large PAPR
values leads to in and out of band distortions as explained in
[1] which was the starting point of this paper.

A huge quantity of works on PAPR topic has been published
for decades along two axes: find its theoretical distribution
and/or propose powerful methods to mitigate its high values.
The reader may find some last developments in different
contexts in [2], [3], [4], [5], [6].

The simplest way to reduce PAPR is to deliberately clip
and filter the OFDM signal before amplification. However,
clipping is a nonlinear process and may cause significant
distortions that degrade the Bit Error Rate (BER) and increase
adjacent out-of-band carriers [7]. To avoid this degradation
the solution we proposed in [8] consists in transforming any
adding mitigation method into Tone Reservation (TR) method
by an adequate frequency domain filtering. Thus, the resulting
PAPR mitigation method is fully downward compatible and
does not deteriorate the useful signal. The contributions of
this paper which is an extension of [1] are:

o first, we propose a new clipping function, the Gaussian
clipping (GC) function, which has the main advantage,
compared to other clipping functions of the literature, to
keep constant the average power.

o second, we transform this GC function into a TR method,
thanks to the method described in [8]. The resulting Gaus-
sian Tone Reservation Clipping and Filtering method is a
fully downward compatible method, whose performance
depend on the number of reserved tones. Because the
filtering process is included by principle in the TR method
we will refer to Tone Reservation with Gaussian Clipping
Function (TR-GCF).

o third, we compute the complexity of the method and show
that the TR-GCF mitigation method offers the best trade-
off between PAPR reduction, average power variation and
complexity.

After a recall of some basics regarding OFDM in Section II,
we present in Section III the clipping functions of the literature
and the proposed Gaussian clipping function is presented in
Section III-D. Section IV deals with theoretical performance
of the Gaussian clipping function and Section V compares its
performance with other clipping functions. Section VI deals
with the use of Tone Reservation method with Gaussian clip-
ping and the associated algorithm while Section VII presents
simulation results in the context of WLAN systems. Section
VIII concludes the paper.

II. OFDM SYSTEMS AND PAPR ISSUE

Throughout this paper, the continuous-time baseband repre-
sentation of an OFDM symbol is given by

N-1 ]
z(t) = ﬁ ;;o Xped?mht  0<t<T, ,

where N data symbols X form an OFDM symbol X
[Xo, -, XNn-1]s f& = T% and T, is the time duration
the OFDM symbol.

The OFDM symbol represented by the vector X =
[Xo---Xn_1]" is transformed via an Inverse Discrete Fourier
Transform (IDFT) into the 7 /N-spaced discrete-time vector
x=z[n]=[zo-- ~a:N_1]T, ie.,

N—-1 . "
o=y X X 0<n<N-1. @
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In this paper, the discrete-time indexing [n] denotes Nyquist
rate samples. Since oversampling is required in practice, we
will introduce the notation z [n/L] to denote oversampling by
a factor of L. Several oversampling strategies of « [n/L] can
be defined. From now on, the oversampled IDFT output will
refer to an oversampled of (2), which is expressed as follows

NL—1
x[n/L] :ﬁ kzo Xpe??"®rk 0 <n < NL—1 .

3)

The above expression (3) can be implemented by using an
IDFT of length NL with input vector

x0 _ | Xo Xy, 000 Xy X
(L—1)N zeros
The PAPR of the signal z (¢) is defined as
max |z (t)|°
0,T
PAPRy) 2 %, (4)

where P, = E {|x(t)|2} is the average signal power and
E{.} is the statistical expectation operator. Note that, in order
to accurately describe the PAPR, an oversampling factor L >
4 is required. In fact, the PAPR is practically computed in
the analog domain and hence, to "see" the peaks between the
samples, we need to oversample the signal with regards to the
symbol frequency.

In the literature, it is customary to use the Complementary
Cumulative Distribution Function (CCDF) of the PAPR as a
performance criterion. It is given by

CCDFy (¢) 2 Pr {PAPR(,; > ¢} .

Accordingly the PAPR reduction gain APAPR is defined as
the gap between PAPR before and after applying a reduction
method, for a given probability level.

III. CLIPPING FUNCTIONS

In this section, we first present clipping techniques [18] and
the Gaussian clipping used in the remainder of the paper.
Whatever the clipping technique to reduce PAPR, the output
signal y,, in terms of the input signal z,, is given as follows:

Yn = [ (|zal) €%, (5)

where ¢, is the x,, phase and f (.) is the clipping function.

A. Classical Clipping technique

The Classical Clipping proposed in [7], [20] is one of the
most popular clipping technique for PAPR reduction known
in the literature. It is sometimes called hard clipping and to
avoid any confusion, it is called Classical Clipping (CC) in
this paper. In [7], its effects on the performance of OFDM,
including the power spectral density, the PAPR and BER have
been evaluated. The function used for CC technique is defined
below and depicted in Fig. 1(a):
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r<A

r>A" ©)

£ 0) { i

where A is the clipping threshold.

B. Deep Clipping technique

Deep Clipping (DC) has been proposed in [22] to solve the
peaks regrowth issue due to the out-of-band filtering of the
classical clipping and filtering method. In DC technique, the
clipping function is modified in order to “deeply” clip the high
amplitude peaks. A parameter called clipping depth factor has
been introduced in order to control the depth of the clipping.
The function-based clipping used for DC technique is defined

- below and depicted in Fig. 1(b):

r , r <A
Fr)={ A=B(r—A) , A<r<PA
0 , r>%A

where [ is called the clipping depth factor.

C. Smooth Clipping technique

In [23], a Smooth Clipping (SC) technique is used to reduce
the OFDM PAPR. In this paper, the function based-clipping
for SC technique is defined below and depicted in Fig. 1(c).

1.3 3
T— 3T r < 5A

where b = %AZ. These three clipping functions are drawn
on Fig. 1 and have been completely studied and compared in
[18]. In the literature it exists other clipping function, among
them we may cite the invertible clipping [24].

~—Without Clipping

=

Classical Clipping

Output Amplitude

A
(a)

Input Amplitude

| ~—Without Clipping ~—Without Clipping

=
=

Dee]'.) Clipping

Output Amplitude
Output Amplitude

Smooth Clipping
\ v

/

A Input Amplitude A
(b) (@

Input Amplitude

Fig. 1. Functions-based clipping for PAPR reduction
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D. Gaussian Clipping technique

In this subsection, we present the Gaussain Clipping (GC) for
PAPR reduction. We start from the Gaussian function, which
is drawn in Fig. 2. It will operate on the multicarrier signal
amplitudes in order to decrease its PAPR. In this context,
only positive values are taken into account, because the signal
modulus is always positive.

1.2

0.8

0.6 \

0.4

0.2 y <

-0.2

Fig. 2. Gaussian clipping function

The GC function f (.), associated to this Gaussian function,
is expressed as:

f (T) = Ae‘(m‘)z’ r > 0. 7

The parameters A and 7 control the performance of the method
(the transmitted mean power variation and the PAPR reduction
capability).

The GC technique whose expression is given in (7) can reduce
the OFDM PAPR by increasing low amplitudes samples and
by decreasing high amplitudes samples, as illustrated in Fig.
3.

Fig. 3 shows that for samples r,, such that r,, = |z,,| < S, the
signal is amplified whereas for samples r,, such that r, > S
the signal is attenuated. S, which corresponds to the threshold
between amplification and reduction of the signal is obtained
by solving (8) and is given by (9):

flr]= Ae=(m)* = Ar, (8)
what gives:
g_ W(277)7 ©)
2n

where T (.) is the Lambert function. It has to be noted from
(9) that S depends only on the 77 parameter of the GC (see (7)).
It is therefore clear that S and consequently 7, drives the PAPR
reduction gain of the GC. We will now explain the influence
of A on the PAPR reduction gain. We remind that one of our
objectives is to keep constant the average power between the
input and the output of clipping. Therefore, we would like
to have P, = P,, where P, and P, are the average powers
before and after the PAPR mitigation technique respectively.
Considering (7), P, is given by (10):
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o0

Py = /f (T)sz (r)dr = A? /6_2(”7')2;0:” (r)dr,  (10)
0

0

where p, (r) is the probability density function (PDF) of the
considered signal envelope (here the OFDM signal).
Therefore, the ratio v between P, and P, is expressed as
follows:

2 F )
Y= % . % /e*2<nr> Do (r)dr- (11)
0

As shown by (11), A and 7 influence the ratio . This means
that it is possible to tune the ratio « thanks to parameter A
without modifying the PAPR reduction gain, for a given 7. In
fact we showed that the PAPR reduction gain only depends
on 7) parameter.

The A parameter value which gives P, = P, is given by: (12)

VP:

Ik e=20m)p, (r)dr
0

Alopt) —

12)

1
2

To sum up, we have shown that n drives the PAPR reduction
gain whereas A drives the average power variation for a given

n.

o

@

e}

I

I

@,

=
aa,

Peaks

increasing”
P

Fig. 3. Attenuation and amplification with GC function

IV. THEORETICAL STUDY OF GAUSSIAN CLIPPING

In this section, we analyze theoretically the behavior of the
GC function. We first focus on the average power variation
AE = 10log;, () . Then, we study the PAPR CCDF at the
output of the GC function. We are interested in the PAPR
reduction gain APAPR for a CCDF value of 10~2 before and
after clipping.
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A. Average power variation analysis

As mentioned previously p,. (r) is PDF of the OFDM envelope
and can be assimilated to a Rayleigh distribution for a large
number of OFDM subcarriers. Its expression is given by:

pe (1) = %e Pz r > 0. (13)

Then, the expression of the transmitted mean power Py is

i 2 A2
2
= [ [4e=0m } il - R 14
Py = /[ ¢ P, iropp, MY
0
As a result,
A2
yE = (15)

P,  (1+420%P,) P,

From (15), it is easy to compute the value of Alopt) (for P, =
‘P.) which is expressed as:

A© = [(14 20°P,) P,]?

It is interesting to note that AP depends on 7 (which controls
the PAPR reduction gain) and the average power of input
signal.

The average power variations related to the GC are compared
to simulation results in Fig. 4. Results show a good match
between theory (15) and simulations. For a given 7 value,
the average power is a linear function of A. Therefore, for
a given 1) parameter value, it is possible to find the value of
AP which keeps constant the average power. This is given
by v =0.

(16)

—— Theoretical (15) fory = 5
--% -- Simulation forn =5

Theoretical (15) for; = 10
--x7-- Simulation forp = 10

Theoretical (15) for = 20
--©-- Simulation forn = 20

oF

P, — P, [dB]

v =

o8]

Fig. 4. Average power variations for several values of

A
VPa

B. PAPR distribution analysis

In this subsection, the PAPR CCDF is derived analytically.
To perform this analysis, like in [9] for the classical OFDM
PAPR, we assume that the signals x (¢) and y (¢) (input and
output of the GC respectively) are sampled at the Nyquist rate

International Journal on Advances in Telecommunications, vol 12 no 1 & 2, year 2019, http.//www.iariajournals.org/telecommunications/

23
(that means with an oversampling factor L = 1). Therefore,
input and output samples x,, and y,, are respectively given by:
Ty =T (1112)7
5 (17)
-o()
Yn =Y Ns)o

where 0 < n < N. The signals z,, and y,, may also be written
as:
Ty = el

. . 18
Yn = f [rn] e]¢7l — Unej¢n7 ( )

where r,, is the amplitude of z,, et ¢,, its phase; v,, = f (ry,)
is the amplitude of y,,. The PAPR of y,, is given by :

oinaXN| yal 0Snan on’
n< <n<
PAPR},| = B, == p, (19)

By applying the same development as in [9], and by assuming
independence between v,, values we get:

CCDFy) (1) = Pr {PAPR[y | =pr

n o

f

\ i

gzﬁ

ﬂ}

| i

(20)
where f [r] is the GC function given by (7).
Then,
1
N-1 2
~ 1 A
CCDF (1/)) ~1— H Pr|r, > —|[In =
n=0 N \/ P,
(21)

As 7, follows a Rayleigh i.i.d random process whose PDF is
given by (13), (21) becomes:

n=0 (22)
~1l-—e 72 Py

The PAPR reduction gain is compared to simulation results and
is presented in Fig. 5 for several values of 7. It shows that the
theoretical approximation of (22) is very close to simulation
results.

The PAPR reduction gain decreases when 7 increases. This
result provides an upper bound of 7. In fact it should be smaller
than 8 to have a positive PAPR reduction gain what is the
objective.
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V. COMPARATIVE STUDY WITH OTHER CLIPPING
FUNCTIONS

In this subsection, GC performance are compared to classical
clipping (Section III-A), Deep clipping (Section III-B) and
Smooth clipping (Section III-C) performance. Although these
three baseline algorithms are not recent, they are most of
the time considered for PAPR reduction (especially hard and
smooth clipping) and associated with filtering. This is the
reason why we took these three approaches as a comparison
basis.

This comparative study is performed in the context of the
WLAN standard IEEE 802.11 a/g, whose parameters are given
in Table 1.

TABLE I
SIMULATION PARAMETERS

System parameters Values
Modulation type 16-QAM
Carriers number N = 64

Data sub carriers number 48

Pilots number 4
Oversampling factor L=14
Channel type AWGN

In Fig. 6 the PAPR reduction gain, APAPR, is analyzed for
the four clipping techniques in function of the average power
variation AE. For the Classical, Deep and Smooth clipping
functions, APAPR decreases with AE and becomes very small
for AE ~ (0 dB. At the opposite, APAPR with the GC is quasi
constant with AE. In fact, whatever the value of AE, APAPR
of GC equals 5.2 dB. This result is the great advantage of
the GC, because it offers a PAPR reduction gain of 5.2 dB
without modifying the average power. To reach this result it
is necessary to set —A= to 0.45 dB as shown in Fig. 7.

In this figure, the influence of the parameter A is presented.
The results show A controls the average power variation
without modifying the PAPR reduction gain. This result is
very important. In fact, it is possible to choose A in such a
way that P, = P, without modifying the PAPR reduction
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gain. In other words, with the GC function it is possible to
reach a PAPR reduction gain of 5 dB with an average power
variation AE = 0.

Fig. 8 presents the BER performance. As expected, these
techniques degrade the BER. In fact the signal resulting from
clipping functions is useful for PAPR reduction but behaves
also as an interferer which deteriorates the signal both in
and out of band. Generally out of band degradation can
be removed by filtering (it is why clipping techniques are
generally named clipping and filtering techniques). GC is the
one which degrades the most the BER. This was expected
because the PAPR reduction was the highest. That means that
GC (as every clipping function) could not be used without
BER improvement. To mitigate the BER degradation due
to clipping noise (whatever the clipping function), several
techniques could be performed:

« by inverting the clipping function or by iterative substrac-
tion of the noise regenerated by the clipping function
at the receiver [10]. Iterative methods to substract the
estimated noise have been proposed in [11] and [12]. The
main drawbacks, in our point of view, are (i) these tech-
niques become no more downward compatible and (ii) the
complexity is high at the receiver side. Furthermore, the
out of band noise will degrade the signal in the adjacent
band (the so called shoulders), which is, of course, not
acceptable.

« another alternative consists in turning the clipping method
into a Tone Reservation (TR) method. By principle TR
does not deteriorated the BER. This technique has several
advantages: (i) it is performed at the transmitter side, (ii)
it is downward compatible and (iii) it is very simple to
set up. This approach is detailed in the following section.

—O&— Gaussian Clipping

—&—Classical Clipping [7]

6 wDeep Clipping [22]
2 Smooth Clipping [23]

APAPR atl0~2 of the CCDF

AE =P,/P, [dB]

Fig. 6. PAPR reduction gain versus the added power
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Fig. 7. PAPR reduction gain and average power variation of the GC function
versus A parameter
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Fig. 8. BER comparision for the clipping functions

VI. TONE RESERVATION BASED GAUSSIAN CLIPPING
A. Context of Tone Reservation

We are focusing here on one of the most common methods
called Tone Reservation (TR) [14], because it is able to
decrease the PAPR without degrading the BER. This method
has been standardized in DVB-T2. It consists in computing
a corrective signal (also, called peak-reducing signal) which
is inserted on a set of reserved tones. It is added to the
original signal, leading to a PAPR reduction of the latter.
The simplest way to generate and compute the corrective
signal is to deliberately clip the OFDM signal [13]. In this
paper we propose to use the GC function presented previously.
This function keeps constant the average power of the signal
which is of great importance in practice. Then, we insert this
corrective signal on the reserved tones by a suitable frequency
domain filtering, as described in [8]. Thus, the resulting PAPR
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reduction method is a fully downward compatible method
which does not degrade the useful signal.

B. Tone Reservation principle

The TR technique [14], [15] is an adding signal technique. It
has been studied mainly for the OFDM signal, without any
specification of a standard.

The idea of the TR technique is to reserve N, sub-carriers (also
called tones) in the OFDM symbol on which an appropriate
information will be added in order to change the time signal,
so as to reduce its dynamics. In this technique, the transmitter
and the receiver agree on the number and the positions of the
subcarriers which are reserved to carry the corrective signal
to decrease the PAPR.

In this paper, the TR technique will be implemented using
the “unused subcarriers”, so-called “null subcarriers”, that are
considered in the standards in order to make the technique
downward compatible. The diagram of the method is given in
Fig. 9.

Xo
X1

— ]

x(t)

IFFT
Xn=1

C1 c(t) L “

IFFT

Fig. 9. Illustration of the Tone Reservation method

The peak-reducing signal c¢,, is carried by the reserved sub-
carriers and the peak-reduced signal is given by

! Nil (Xk + Cy) €Y7 ~E

N 2 k k)€ )
where 0 <n < NL—1and C = [Cy,---Cnp—_1] is the set
of peak-reducing subcarriers.
To set up a new TR technique, two problems have to be tackled
by first generating an adding signal ¢,, and, second, inserting
it on the reserved carriers. Of course, it is possible to jointly
solved these two problems. In the next subsection, we will
present a possible way to generate this signal using a clipping
function and a way to insert the adding signal on the reserved
tones thanks to a frequency domain filtering.

Yn = Ty +Cp = (23)

C. Signal adding principle

In the signal adding context, the PAPR is reduced by adding
a corrective signal sometimes called “peak reducing signal”
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or “peak canceling signal” [8]. A block diagram of the
OFDM transmitter with an adding signal technique for PAPR
reduction is shown in Fig. 10.

Tn

B

Fig. 10. Tone Reservation as an adding signal method

PEAK-REDUCING
SIGNAL
GENERATOR

The peak-reducing signal c,, is computed according to PAPR
reduction techniques. In [15], ¢,, is computed based on Second
Order Cone Program (SOCP) in the frequency domain, while
in [26], ¢, is computed in the frequency domain with the
Gradient algorithm, which is a low-complexity algorithm. In
[13], the peak-reducing signal ¢, is computed in the time
domain based on a nonlinear function f (.) called “function
for PAPR reduction”. Using f (.) to reduce the PAPR of z,,
the peak reducing signal ¢, is written as

en = fllzal] €% — an, (24)

where ¢,, is the phase of x,,. In this paper, we use this simple
way to compute the desired peak-reducing signal, where f (.)
is the GC function.

D. Tone Reservation Filtering

Let ¢, be the signal at the output of the FFT/IFFT block, as
shown in Fig. 11.

(] CD Co ED

c1 Cy _ |FREQUENCY (o c1
~ NL[ . T - NL [

CNL.1 Cnwy | FILTERING | Cni g CNL.L

Fig. 11. Digital filtering-based FFT/IFFT

The FFT/IFFT consists of a FFT followed by an IFFT. The
forward FFT transforms c,, to the frequency-domain. The dis-
crete frequency components of ¢, on the reserved subcarriers
are passed unchanged, while the data subcarriers and the Out
Of Band (OOB) components are set to zero. The relationship
between the input and the output of the FFT/IFFT filter is
given by:

in=F P (H[F (ca)]), 25)

where F represents the FFT function, F~! is the IFFT
function and H is the digital filter response in the frequency
domain. The FFT/IFFT filter complexity is approximated as
O (NLlogy, NL). The principle of FFT/IFFT filter with a TR
technique is shown in Fig. 12.
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Fig. 12. FFT/IFFT filter based on TR

E. Associated iterative algorithm

In this section, we detail the algorithm explained previously
with an iterative principle as presented in [8]. This algorithm
is illustrated in Fig. 13. We can easily distinguish two sub-
blocks within the TR-GCF technique: the PAPR reduction
signal generator based on the Gaussian function and the digital
filtering based on FFT/IFFT operations.

—o_  k-itérations

R
“Filtering
Based

“CLIPPING™
Cl G +

Function
Fllzall :

Fig. 13. Diagram of TR-GCF method

On FFT/IFFT

In order to reduce the PAPR as much as possible, the algorithm
is based on an iterative procedure whose principle is as
follows:

e Set up the locations of the reserved subcarriers R and
the maximum iteration number Nj;.,, and choose the
function for PAPR reduction f (.).

e Setup i = 0, where %(10) = x,, is the time-domain OFDM

signal.

o Compute the (7)-iteration PAPR reduction signal as:
&) = fa [ (al) =],

where fao = F~!o?H o F is the FFT/IFFT based digital
filter response in time domain.
o Compute the (i + 1)-iteration PAPR reduced signal as:

(26)

P = ol + g5l
The scaling factor B((J;)t
optimization problem:

ﬁ(();)t =

27)

is the solution of the following

-

(28)

arg mﬁin [max ‘xﬁf) + gD
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An exact solution of (28) exists but leads to a high computation
complexity. In [27] it is shown that a suboptimal solution of

(28) is given by minimizing the total power of the samples
with acgf) +5Sf) > A, where A is a magnitude threshold.
Solving (28) leads to

nGS,(,i)

2

nESI(,i)

B, = (29)

where (.)* is the mathematical conjugate function, and where,
S},i) = fn: )xﬁf) +&l| > A}.

The complexity of calculating ﬂ(();)t is O(N,), where
Np is the size of Sz(f). After N, iterations, the
TR-GCF algorithm complexity can be approximated to
Niter [0 (NLlogy NL) + O (N)] = O (Njger NLlogy NL).
It is worth noting that the system complexity grows linearly
with the number of iterations.

VII. APPLICATION TO WLAN SYSTEMS

In the WLAN IEEE 802.11a/g standard, IFFT length N equals
64. Out of these 64 subcarriers, 48 subcarriers are used for
data, while 4 subcarriers are used for pilots. The remaining
12 subcarriers are unused (null) subcarriers located at the
positions R = {0,27,---,37} of the IFFT input.

|
|
|
|
|
PR I
|
|
|
|
|
|

I

I

I

I
.
20 30
frequency offset [MHz]

Fig. 14. Spectral power mask of WLAN

The IEEE 802.11a/g standard specifications are given in [28§]
and the transmit spectral mask requirements are shown in Fig.
14.

A. TR-GCF technique performance

In this section, we simulate the performance of the TR-GCF
(influence of 77 and N¢.,- on the PAPR reduction and the Power
Spectral Density) in a WLAN (IEEE 802.11 a/g) context. Fig.
15 shows the influence of parameter 17 on the PAPR reduction
gain APAPR. For 1 = 6, the maximum PAPR reduction gain
is achieved. In the rest of our simulations, n will be set to 6
in order to reach the maximum of PAPR reduction.
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Fig. 15. PAPR reduction performance of TR-GCF technique versus n for
Mter =5

Fig. 16 shows the performance of PAPR reduction for different
iteration numbers. As expected, the PAPR reduction gain
increases with the number of iterations Nj.,.. For example,
at 1072 of the CCDF, APAPR is about 1.10 dB, 1.65 dB,
1.77 dB and 1.80 dB for Ny, = 1, 3, 5 and 10, respectively.
However, the PAPR reduction gain converges from Nz, > 5
because, in Fig. 16, there is no significant reduction of PAPR
between Njier = 5 and Njer = 10.

—— WLAN - [EEE 802.11 a/g
—A—“TR-GCF”, (1 = 6, Njter = 1)
10" “TR-GCF”, (1) = 6, Nirer = 3)
)
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@)
o4 \
AVANEA
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Fig. 16. TR-GCF technique PAPR reduction performance for Ny, iterations

Fig. 17 presents the spectrum of WLAN signals before and
after applying the TR-GCF technique. It shows that whatever
the Nier value, the signal spectrum, after PAPR reduction,
meets the specifications of the WLAN standard transmission.
The power of the subcarriers (the unused ones which carried
out the Peak reducing signal) increases with N, because the
power of the PAPR reduction signal increases with Ajse,.. As
the PAPR reduction signal is carried by the unused subcarriers
(which are located besides the useful data of the IEEE 802.1a/g
standard), the power level of these subcarriers increases as seen
in Fig. 17. But the level of these carriers remains below the
WLAN spectral mask.
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Fig. 17. WLAN signals spectrum before and after TR-GCF PAPR technique

In Fig. 18, we verify that the Bit Error Rate (BER) of the
WLAN system after applying the TR-GCF technique matches
the theoretical BER. We can remark that, as expected, what-
ever Njie, value, the WLAN BER matches with the theoretical
BER, because all of the tones used for TR are outside of the
useful band so do not interfere with the data.

: retical BER (16-QAM)
7| - =k~ - BER - w/ TR-GCF (Nter = 5) [

Bit Error Rate (BER)

Ey/No [dB]

Fig. 18. WLAN BER with and without TR-GCF technique

B. Comparative study of TR-GCF with TR-GP and TR-SOCP

In this section, we compare the performance of the TR-GCF
technique, which proposed in this paper, with those of the
TR-GP and TR-SOCP techniques in a WLAN context. The
TR techniques for PAPR reduction TR-SOCP and TR-GP are
deeply described in [16] and [26] respectively.

Fig. 19 compares the reduction in PAPR of the TR-GCF, TR-
GP and TR-SOCP techniques according to the variation of the
average power. It shows that, in terms of PAPR reduction, the
TR-SOCP is better (~ 2 dB and ~ 3 dB of PAPR reduction
more than the TR-GP and TR-GCF techniques, respectively).
This result is explained by the fact that TR-SOCP is an optimal
TR technique in contrast to TR-GP and TR-GCF techniques
which are sub-optimal TR techniques.

The major drawback of TR-SOCP technique lies in its com-
plexity (estimated to O (N2Ng L), where N is the number of
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Fig. 19. PAPR reduction performance according to AE for TR-GCF, TR-GP
and TR-SOCP techniques

subcarriers of the OFDM system, Ny is the number of unused
sub-carriers and L is the over-sampling rate).

For small increases of the average power (AE < 0.1 dB)
and for the same value of Nji, (this means, for the same
computational complexity), the TR-GCF is more efficient than
TR-GP. Because we are seeking for techniques that reduce the
PAPR with AE ~ 0 dB, then TR-GCF is interesting because of
its computational complexity (compared to TR-SOCP) and in
addition, its PAPR reduction gain is a quasi-constant function
of the average power variation. Even if the main advantage
of keeping constant the average power of the GC function is
partly lost due to the frequency domain filtering of the TR
method, as A controls the average power variation without
affecting the PAPR reduction gain, we can choose, for a fixed
value N, the value of A which gives the lowest variation,
ie, Alr) — arg m&n AE. This constraint is included in the
algorithm.

The computational complexity figures given below show that
under the simulation conditions of Fig. 19, TR-SOCP is by
far the most complex one. It is 24 times more complex than
the TR-GP and TR-GCF techniques.

TABLE I
COMPUTATIONAL COMPLEXITY

TR-GCF \ TR-GP [26]
Computational complexity
ONiter NLlogy NL) | O(NiterNLlogy NL) | O (N?NgL)
Comparison of the Computational complexity in the conditions of

| TR-SOCP [16]

simulation of Fig. 19
O(4 x 211) \ O(4 x 211) | 096 x 2'1)
N L: TFFT size=256; N = 12 is the number of reserved sub-carriers and
Nter the number of iterations.

VIII. CONCLUSION

Tone Reservation based Gaussian Clipping has been proposed
in this paper. This new method has been obtained thanks to
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a TR transformation of the adding signal resulting in the GC
function. Even if the main advantage of keeping constant the
average power of the GC function is partly lost due to the
frequency domain filtering of the TR method, it is possible
to control efficiently this average power variation AE. In fact
as A controls the average power variation without affecting
the PAPR reduction gain a simple constraint in the algorithm
could control AE.

Performance of the TR-GCF have been evaluated through
simulations and compared to other signal adding techniques.
The main conclusion is that the TR-GCF technique is the
best compromise between complexity and performance for
downward compatible techniques.
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Abstract—This paper investigates the connected vehicle
concept at intersections with traffic signals control and
proposes the use of Visible Light Communication (VLC) in
Vehicular Communication Systems for vehicle safety
applications. A smart vehicle lighting system that combines the
functions of illumination, signaling, communications, and
positioning is presented. A generic model of cooperative
transmissions for vehicular communications services is
established. Three specific vehicular communications systems
are analyzed. One is for Infrastructure-to-Vehicle
communications from the street lamps, located on roadside, to
the vehicles; the other is for in line Vehicle-to-Vehicle
communications and the last for Vehicle-to-Infrastructure

communications from cars to the traffic lights, at the crossroad.

An on-off code is used to transmit data. The encoded message
contains the ID code of each emitter concomitantly with a
traffic message that is received, decoded and resent to another
vehicle or to traffic light, in the crossroad. An algorithm to
decode the information is established. A phasing traffic flow is
presented as a proof of concept.

Keywords- 12V, V21 and V2V Vehicular Communication;
Connected Cars; Visible Light Communication;
Emitters/Receivers, White LEDs; SiC photodetectors; OOK
modulation; Traffic control.

. INTRODUCTION

The communication through visible light holds special
importance when compared to existing forms of wireless
communications. The visible light spectrum is completely
untapped for communication and can complement the RF-
based mobile communication systems.

Recently the demand for the solution of road traffic
problems such as accidents, congestion and the associated
environmental pollution has significantly increased. By
enabling wireless communication among vehicles and
between vehicles and infrastructure, the safety and the
efficiency of road traffic can be substantially improved.
Highway and local roads are becoming more congested

Pedro Vieira
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R. Conselheiro Emidio Navarro, 1959-007
Lisboa, Portugal
Instituto das Telecomunicagdes
Instituto Superior Técnico, 1049-001,
Lisboa, Portugal
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every year due to insufficient road development to
accommodate the growing number of vehicles. In order to
reduce accidents, congestion and offer smooth traffic flow,
several solutions are being adopted. Solutions such as:
intelligent traffic control systems, providing communication
infrastructures along the road; vehicular communication and
likewise, are currently research trends under the area of
Intelligent Transportation Systems (ITS) [1, 2, 3, 4].
Modern vehicles are equipped with many electronic sensors,
which monitor the vehicle’s speed, position, heading, and
lateral and longitudinal acceleration. Although the
technology already exists, vehicles rarely communicate this
information wirelessly to other vehicles or roadside
infrastructure. The goal of the cooperative intelligent
transport system (C-ITS) is to provide a vehicular
communication system that can enable quick, cost-effective
means to distribute data in order to ensure safety, traffic
efficiency, driver comfort, and so forth. Researchers are
anticipating the deployment of wireless vehicle
communication, and have begun developing applications
that use this new technology to improve safety and reduce
congestion. This use case is known as connected vehicles.
Recently, the transportation lighting infrastructure such as
street lamps, traffic lights, automotive lamps, etc., is
changing to LEDs. Therefore, in the case of an ITS based on
VLC, it will be possible to make use of the conventional
automotive and traffic LEDs. Consequently, the cost
incurred in building the ITS infrastructure will be reduced.
Secondly, the electromagnetic compatibility problem, which
is a very serious problem in ITSs based on RF signals, will
be minimized since visible light and the conventional RF
signals occupy different parts of the -electromagnetic
spectrum. Visible light represents a new communication
opportunity  for vehicular networking applications.
Compared to RF-based communications, VLC offers
robustness against jamming attacks, a smaller interference
domain, and a large license-free spectrum [5, 6, 7].
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Vehicular Communication Systems are an emerging
type of network in which vehicles and roadside units are the
communicating nodes, providing each other with
information, such as safety warnings and traffic information
[8].The vehicular communication for C-ITS is composed of
infrastructure-to-vehicle (I2V), vehicle-to-vehicle (V2V)
and vehicle-to-infrastructure (V2I) communications. The
12V applications focus on utilizing the traffic related
infrastructure, such as traffic light or streetlight to
communicate useful information. So, VLC can be realized
as a secondary application in LED arrays that are placed for
lighting. In this way, some of the wireless traffic can be sent
using light, with less cost and less carbon footprint.

Recently, LED-based optical wireless communication
has been also proposed for car-to-car message delivery.
LEDs are highly reliable, energy efficient and have a life-
cycle that exceeds by far the classical light sources leading
to the replacement of classical halogen lamps with LED
lighting [9]. This option turned out to be particularly
effective in short range direct communications to explore
Line-of-sight (LoS) and overcome the issues related to the
isotropic nature of radio waves. One additional benefit of
LED:s is that they can switch to different light intensities at a
very fast rate. This functionality has given rise to a novel
communication technology (Visible Light Communication -
VLC), where LED luminaires can be used for high speed
data transfer [10, 11, 12 ]. VLC is a low cost technology and
is easy to implement. VLC seems to be appropriate for
providing wireless data exchange for automotive
applications in the context in which the LED lighting began
to be widespread in transportation, being integrated in
traffic infrastructures (in traffic lights, street lighting and
traffic signals) and in the vehicle lighting systems.

In the recent past, we have developed a WDM device
that enhances the transmission capacity of the optical
communications in the visible range. The device was based
on tandem a-SiC:H/a-Si:H pin/pin light controlled filter
with two optical gates to select different channel
wavelengths. When different visible signals are encoded in
the same optical transmission path [ 13, 14], the device
multiplexes the different optical channels, performs
different filtering processes (amplification, switching, and
wavelength conversion) and finally decodes the encoded
signals recovering the transmitted information. This device
can be used as receiver, and helps developing automated
vehicle technologies that allow vehicles to communicate
with the surrounding ‘environment’ [15].

The proposed smart vehicle lighting system involves
wireless communication, computer based algorithms, smart
sensor and optical sources network, which constitutes a
transdisciplinary approach framed in cyber-physical
systems.

An introduction to the paper is given. The rest of the
paper is structured as follows: In Section II, a traffic
scenario is established and the transmitters and receivers are
characterized. The performance of a cooperative driving
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system is evaluated in Section III. In Section IV, as proof of
concept, a traffic scenario is presented and tested. Finally, in
Section V, the conclusions are addressed.

1.  CONNECTED VEHICLES MODEL

A VLC system mainly consists of a VLC transmitter that
modulates the light produced by LEDs and a VLC receiver,
based on a photosensitive element that is used to extract the
transmitted modulated signal.

Vehicles

Street |amp/’)£}~;rrafﬁc light
----- . V2l

12V -

a)

Receivers

Transmitters

Receivers

c)

Illustration of the proposed V2V, V2I and 12VVcommunication

Figure 1.
scenario: a) Generic model for cooperative vehicular communications. b)
vehicles emitters/receivers. ¢) Connected vehicles communication in a
crossroad.
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The transmitter and the receiver are physically
separated, but connected through the VLC channel. For
VLC systems, LoS 1is a mandatory condition.An
infrastructure-to-vehicle followed by vehicle-to-vehicle and
by vehicle-to-infrastructure communication was simulated.
The illustration of the proposed scenario, for a light traffic
controlled crossroad, is displayed in Figure 1. In Figure la,
the generic cooperative vehicular model is shown, in figure
1b the emitters and receivers in the vehicles are depicted
and in Figure 1c, the proposed scenario, is illustrated. Using
the 12V communication, each street lamp (transmitter) sends
a message received and analyzed by a SiC receiver, located
at the rooftop of the vehicle. Using the headlights as
transmitters, the information is resent to a leader vehicle
(V2V) or directly to a crossroad receiver (V2I), at the traffic
light, interconnected to a local controller that feeds one or
more signal heads.
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Figure 2. Unit cell (LED array = RGBV color spots).
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Along the roads, street lamps are distributed in a square
topology, for data transmission and lighting purposes. They
are based on commercially available violet (V: 400 nm) and
white RGB-LEDs. The white LEDs require three separate
driver circuits to realize the white light. To decrease this
complexity at each node, only one chip of the LED is
modulated for data transmission, the Red (R:626 nm), the
Green (G:530 nm) or the Blue (B:470 nm) while the other
two are provided constant current for illumination. The
luminous intensity is regulated by the driving current for
white perception. In Figure 2a and Figure 2b the optical
spectrum of the used LEDs is presented. A four-code
assignment for the LEDs was used. The unit cell employs
four R, G, B and V LED located at the corners of a square
grid, as shown in Figure 2c.

The estimated distance from the street lamps to the
receivers is used to generate a circle around each transmitter
(see Figure 2), on which the receiver must be located in
order to receive the transmitted information. The grid size
was chosen in order to avoid an overlap in the receiver from
the data from adjacent grid points. The geometric scenario
used for calculation uses, for calibration, a smaller size
square grid (2 cm), to improve its practicality. To receive
the information from several transmitters, the device must
be positioned where the circles from each transmitter
overlap, producing, at the receiver, a MUX signal that after
demultiplexing, acts twofold as a positioning system and a
data transmitter.

Table I Lighting plans.

Footprint regions Overlaps

#1 RGBV
#2 RGB
#3 RB
#4 RBV
#5 BV
#6 GBV
#7 GV
#8 RGV
#9 RB

The nine generated regions, defined onwards as
footprints, are presented in Figure 2. Assuming that only
one of the RGB chip LEDs is modulated at each corner, it is
presented in Table I, the nine possible allowed overlaps. If
the signal comes only from one LED, the position of the
LED is assigned to the device’s reference point. If the
device receives multiple signals, i.e., if it is in an
overlapping region of two or more LEDs, it finds the
centroid of the received coordinates and stores it as the
reference point. So, inside the cell, nine reference points are
considered. Thus, the overlap region is used as an advantage
to increase the accuracy in position estimation because more
overlapping region means more reference points.

A large-dimension environment, like a road network
surrounding (Figure 1b), is analysed by dividing the space
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into unit navigation cells (see Figure 2) with an appropriate
side length giving the geographical position assigned to
each node as displayed in Figure 3a (LED array = RGBV
colour spots).

Gy, Rz Gz Ris G
3 5 8 I
B, b2 H.4 Vs
B & i
Ri,z 63,3 Rsa Gss
i ] |
b1 B, b3 E4,4 Vs
[ % L 1% |

a)

b)

Figure 3. Topology: a) Cluster with sixteen cells (square topology) having
each one four modulated RGBV-LEDs located at the corners of the square
grid. b) Lighting plan and generated joint footprints in a crossroad.

To build the vehicular VLC system, a simplified cluster
of cells for the streetlights is used. The analysed crossroad is
located in the interception of line 2 with column 3 (white
cells in Figure 3a). Two traffic flows are considered, one in

the horizontal (W) and the other on the vertical direction (S).

Each streetlight sends traffic message that includes the
synchronism, its physical ID and traffic information. Each
node, Xj, carries its own colour, X, (RGBV), as well as its
horizontal and vertical ID position in the surrounding
network (i,j).In the 12V communication, the emitters are
located along the roadside. Each lamp transmits data during
the time slot it occupies, i.e., the individual LED lamp
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transmits its own data depending on the area it locates. The
transmitted information is received and decoded at an
external SiC pi’npin receiver, located on the rooftop of the
car (Figure 1b). When a probe vehicle enters the
streetlight’s capture range, the receivers respond to light

signal and its unique ID and the traffic message are assigned.

To build the V2V system between a leader and a follower
vehicle, the follower sends the message that is received by
the leader and can be retransmitted to the next car [16, 17]
or to the infrastructure. The follower vehicle is equipped
with two headlamps transmitters. The leader vehicle is
assumed to be equipped with three SiC pi’npin receivers,
symmetrically distributed at the tails, to detect optical
messages. The leader receives three signals, compares them
and, based on their intensities infers the drive distance and
the relative speed between both [18], and can send again the

information to a next car (V2V) or to an infrastructure (V2I).

Therefore, each probe vehicle receives two different
messages; the one transmitted by the streetlight (I12V) and
the one coming from the follow vehicle (V2V) and can
compare them (Figure 1b). This system uses an approach in
which a sequence of cellular locations is matched to a route
segment along the road network that appears to be the most
probable. All observations for a single section are analysed
together to produce an estimate of the lane occupied and
travel time along that section.

The introduction of wireless communication between
vehicles and the infrastructure, referred to as V2I
communication, has the potential to address the limitations
of point detection. Instead of estimating exact vehicle
position, speed, and queues from detector actuations, V2I
communication allows the direct measurement of these
values. In the V21 communication, two interconnect
receivers are located at the same traffic light, facing the
cross roads, and the emitters at the headlights of the moving
cars approaching the interception. When a car enters in the
infrastructure’s capture range of the receivers, an approach
message is received and decoded by the corresponding
optical pi’npin receiver. So, each driver, approaching the
intersection area from S, W or both sends an approach
request, that are compared by the intersection manager
(local controller of the traffic light). Those messages contain
the assigned ID positions, speeds, and flow direction of the
vehicles that approach the intersection. The requests are
labelled either with a W (West) or S (South) label,
depending on the flow they belong to. The vehicle service
time depends on its flow and on the flow of the following
vehicle. The problem that the intersection manager has to
solve is allocating the reservations among a set of drivers in
a way that a specific objective is maximized. This goal can
be, for instance, minimizing the average delay caused by the
presence of the regulated intersection. In particular, V2V
communication is useful to enhance the action space of a
driver, e.g., through the option of dynamically joining
groups of vehicles, based on the idea of platoons.
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I1l.  CODING/DECODING TECHNIQUES

A. Modulation scheme

A dedicated four channel LED driver, with multiple
outputs, was developed to modulate the optical signals. The
modulator converts the coded message into a modulated
driving current signal that actuates the emitters of each
violet and tri-chromatic LEDs. A graphical user interface
allows the control of the system, which includes the setting
of the driving current, bit sequence and frequency of each
emitter.

We have considered a network composed of a single
access point (vehicle) and several nodes that periodically
generate data, at different rates. The optical signals are
synchronized and include the transmission of information
related to the ID position of the transmitters and the
message to broadcast. So, in a time slot, each node has a
packet to transmit.

Sync. ID
[10101][rrr:ccc]
1 T A e

payload data
[data transmission]
T T

Codeword (RGBV)

Time (ms)

Figure 4. Frame structure. Representation of one original encoded
message [10101: rrr cec: XY....]. Ras, Gsg By sand V3 are the transmitted
node packet, in a time slot, from the crossroad in the network.

Each frame is a word of 32 bits, divided into three
blocks: the synchronism (5 bits), the binary node address, (6
bits) and the traffic message (payload data). In Figure 4, an
example of the codification of the digital optical signals is
illustrated. We assigned the first five bits to the
synchronization in a [10101] pattern. It corresponds to the
simultaneous transmission of the four nodes in a time slot.
Each colour signal carries its own ID-BIT [rrr;ccc] where
the first three bits give the ID binary code of the line and the
next three the ID binary code of the column. For instance,
an ID_BIT [011 100] for the R34 streetlight is sent whereas
in case of Ggs, an ID_BIT [011 011] is generated by the
green LED. Thus, R34 Gs3 Bysand V3 are the transmitted
node packets, in a time slot, inside the crossroad. With
perfect information, this method will give an exact, unique
answer, i.e., the unit cell location in the cluster and for each
unit navigation, the correspondent footprint.
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B. The pi'npin receiver

The receiver module is the sub-system at the reception
end of the communication link that extracts information
from the transmitted modulated light signals. It transforms
the light signal into an electrical signal that is subsequently
decoded to extract the transmitted information. The VLC
receiver is a tandem, p-i'(a-SiC:H)-n/p-i(a-Si:H)-n
heterostructure  sandwiched between two transparent
conductive contacts (TCO).

The device configuration and operation is shown in
Figure 5a. The intrinsic layer of the front p-i’-n photodiode
in made of a-SiC:H while the back intrinsic layer is based
on a-Si:H. The deposition conditions and optoelectronic
characterization of the single layers and device as well as
their optimization were described previously [13, 19]. Due
to the different absorption coefficient of the active
absorption layers, both front and back diodes act as optical
filters confining, respectively, the optical carrier produced
by the blue and red photons. The optical carriers generated
by the green photons are absorbed across both (see arrow in
Figure 5a).

Back diode

Input Front diode
channels A

a)

Frbnt viblet béckgrc;und '
512800 pwem™

—a— Front bias

Gain (o)

0 L L L L L L
400 450 500 550 600 650 700
Wavelength (nm) b)

Figure 5. a) Double pin configuration and device operation. b) Spectral
gain under violet front optical bias («“). The arrows point towards the
optical gain at the analyzed R, G, B and V input channels.

The device operates within the visible range using for
data transmission the modulated light supplied by the violet
(V) and by the trichromatic red (R), green (G), blue (B)
LED transmitters. The combination of the modulated optical
signal (transmitted data) impinging on the receiver are
absorbed accordingly to their wavelengths. The combined
optical signal (MUX signal; received data) is analysed by
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reading out the generated photocurrent under negative
applied voltage (-8V), with a 390 nm background lighting,
applied from the front side of the receiver [8, 20].

In Figure 5b, the spectral gain defined as the ratio
between the photocurrent with and without applied optical
bias, is displayed. The arrows point towards the gain at the
analysed R, G, B and V input wavelength. Results show that
the device acts as an active filter under irradiation. Under
front irradiation, the long wavelength channels are enhanced
and the short wavelength channels quenched. It is
interesting to notice that as the wavelength increases the
signal strongly increases. This nonlinearity is the main idea
for the decoding of the MUX signal at the receiver.

C. Signal decoding and positioning

In Figure 6, the normalized MUX signal, in a stamp time,
is displayed.
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Figure 6. a) MUX/DEMUX signals under 390 nm front irradiation. On

the top the transmitted channels packets [R, G, B, V] are decoded. a)
Calibration cell. b) MUX signal at positions #1, #7 and #9.

In Figure 6a, the bit sequence was chosen to allow all the
on/off sixteen possible combinations of the four channels.
On top, the signals used to drive LEDs are shown to guide
the eyes into the on/off states of each input.
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In Figure 6b, the MUX signals acquired by the receiver,
located at the crossroad, position #1, #9 and #7 (see Figure
3), are displayed. The decoded packet of transmitted
information when all the channels are received is presented
in the top of the figure.

The results from Figure 6a show that the MUX signal
presents as much separated levels as the on/off possible
combinations of the input channels, allowing decoding the
transmitted information [21]. On the right hand side, the
match between MUX levels and the 4 bits binary code
ascribed to each level is shown. The MUX signal presented
in Figure 63, is used for calibration purposes.

The signal is decoded by assigning each output level to a
4- digit binary code, [Xgr, Xg, Xg, Xy], with X=1 if the
channel is on and X=0 if it is off.

After decoding the MUX signals, the localisation of the
mobile target is direct. Taking into account the frame
structure (Figure 4), the position of the receiver inside the
navigation cell and its ID in the network is revealed. The ID
position comes directly from the synchronism block, where
all the received channels are, simultaneously, on or off. The
4-bit binary code ascribed to the higher level identifies the
receiver position in the unit cell. Those binary codes are
displayed in the right hand of the figure. For instance, the
level [1100] corresponds to the level ds where the green and
the violet channels are simultaneously on (see arrow in
Figure 6a). The same happens to the other footprints (#1 and
#9). Each decoded message carries, also, the node address
of the transmitter. So, the next block of six bits gives de 1D
of the received node. In #7 the location of the transmitters,
in the network, are Gz, and V,3 while in #1 the assigned
transmitters are R4, Gz, Byg and V3 The last block is
reserved for the transmission of the traffic message (payload
data). A stop bit (0) is used at the end of the frame.

IV. COOPERATIVE VLC SYSTEM EVALUATION

The system topology for positioning is a self-positioning
system in which the measuring unit is mobile. This unit
receives the signals of several transmitters in known
locations (corners of the square grid), and has the capability
to compute its location based on the measured signals. In
Figure 3, a traffic scenario was established for the
cooperative 12V, V2V and V2l communications. The proof
of concept was simulated using the laboratory experimental
conditions (see Section II).

A. 12V communication

To compute the point-to-point exposure along a path, we
need the data along the path in successive instants. Street
lamps work as transmitters, sending information together
with different IDs related to their physical locations. The
optical receiver inside the mobile terminal extracts the
location information to perform positioning and,
concomitantly, the transmitted data from each transmitter
[22].
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Figure 7a displays the 12V MUX signal received, in three
times slots, by a rooftop receiver, moving in the W
direction, when the vehicle is located in #3, moves to #1 and
arrives to the stop line (#7). In Figure 7b, it moves from
south from #5 to #1 and arrives to the cross line (# 9). In the
top of both figures, the decoded packet of data sent by the
addressed R, G, B and V transmitters are pointed out. On
the right sides of the figures, the received channel, and so
the footprint position in the navigation cell, are identified by
its 4 digit binary code.
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Figure 7 a) Three MUX/DEMUX signals under 390 nm front irradiation.
On the top the transmitted channels packets [R, G, B, V] are decoded. 1)
West flow (#3>#1>#7). b) South flow (#5>#1>#9).

In Figure 7a, the nodes R3, [...011 010...], Ga3[...011
011...], By, [...010 010...] and V,3 [...010 OI1...] are
recognized while in Figure 7b the R34 [...011 100...], Gs3
[...011 O11...], B44[...100 100...], and V43[...100 111...]
nodes are identified. In the others positions, only two
messages arrive to the receiver. The assigned reference
nodes in Figure 7a are: Rz, ; By, (#3) and Gss;Va3 (#7),
while in Figure 7b the assigned reference point are: #5 (By4;
V,3) and #9 (Rs4; G33). The vehicle speed can be calculated
by measuring the actual distance travelled overtime using
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ID’s transmitters tracking. The distance is fixed while the
elapsed time will be obtained through the instants where the
number of received channels changes. As in Figure 3c, at
the instant initial, to, the receiver moves west from footprint
3 to footprint 1 (Figure 7a). The decoded MUX message
changes from two (R3, Byy) to four (R, Gaz ByoVa3)
transmitted channels. After an elapsed time, At, footprint 7
is reached and the number of received transmitters changes
again to two (Gz3 V,3). In the following, this data will be
transmitted to another leader vehicle through the V2V
communication or to the traffic light through V2I.

B. Traffic Signal phasing: 12V, V2V and V2I
communication

Signal phasing is the sequence of individual signal phases
within a cycle that define the order in which pedestrian and
vehicular movements are assigned the right-of-way. The
cycle repeats itself continuously over time but the timing of
the light switches is made according to the phasing of the
traffic light.

The phasing duration is variable and dependent on factors
such as the traffic situation, rush hours, etc. Safety
requirements dictate that two vehicles consecutively
accessing the intersection and belonging to the same flow
must be separated by tailgate distance. If the two
consecutive vehicles belong to different flows, they must be
separated by vehicle stopping distance, which is larger than
tailgate distance for practical values of the system
parameters. A brief look into the basic anatomy and the
process of timing traffic signals is given in Figure 8.

Cycle length

Request time

Pedestrian

West flow

South flow

t,, t, ;|

Access time #:d (o B
01 phase 02 phase 03 phase
duration duration duration

Figure 8  Phasing of traffic flows: phase number 01(pedestrian phase),
phase number 02 (W flow), phase number 03(S flow).

A traffic scenario was simulated. We consider two flows
of vehicles entering the system at the beginning of their
respective roads, one from West (W flow), and one from
South (S flow). Three vehicles are considered. Vehicle 1
and Vehicle 3 belong to the same flow (W) and Vehicle 2
belongs to the S flow. The phasing of the traffic flows is
composed of a pedestrian-only stage (01 phase), and two
single-lane road phases crossing at a square intersection
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area: the W flow stage (02 phase) and the S flow stage (03
phase). Each phase exists as an electrical circuit from the
controller to the traffic light and feeds one or more signal
heads. A phase can apply to a two aspect head (pedestrians;
red or green) or to a three aspect head (vehicles; red or
yellow or green). The green and yellow represent the time
where it is allowed to pass the traffic light and the red the
time not allowed. The traffic pedestrian lights are passively
green as long as no vehicle is approaching.
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Figure 9  Proof of concept. MUX/DEMUX signals. On the top the
transmitted channels packets [R, G, B, V] are decoded. a) V21
communication from Vehicles 1 and 2 and the infrastructure. b) V2V
communication between vehicle 3 and Vehicle 1.

To model a worst-case situation, vehicles approaching
the intersection from different flows are assumed to have a
conflicting trajectory. A vehicle’s intersection access time is
defined as the time at which the head of the vehicle enters
the intersection area. Therefore, three subsequent instants
have to be predictable, t';, t", and t'5, as the correspondent
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access times of the Vehicle 1, Vehicle 2 and Vehicle 3
(Figure 8).

A first-come-first-serve approach could be realized by
accelerating or decelerating the wvehicles such that they
arrive at the intersection when gaps in the conflicting traffic
flows and pedestrians have been created for them. However,
a one-by-one service policy is not efficient at high vehicle
arrival rates. From a capacity point of view it is more
efficient, if Vehicle 3 is given access at t’; before Vehicle 2,
t’, to the intersection, then, forming a west platoon of
vehicles before (t',) giving way to the south conflicting flow
as stated in Figure 8.

In Figure 9a, the V2l and in Figure 9b, the V2V
communications, in successive moments, are displayed.
Three instants are considered to define the phase’s duration,
ty, t, and t3 (Figure 8). At t; and t,, Vehicle 1 and Vehicle 2
approaches, respectively, the intersection and contact
optically the intersection manager (controller) by sending a
request message to the receiver (V2I) located at the traffic
light that faces the road (Figure 3b). Vehicle 3, contacts the
infrastructure (V21) at t;. Those messages contain their
positions and approach velocities. As a follower exists
(Vehicle 3), the request message may also include it
position and speed. This information alerts the controller to
a later request message (V2l), at t3 confirmed later by the
follow vehicle. In Figure 9a, the MUX signal at each
receiver and the assigned decoded messages (at the top of
the figure) are displayed at t; and t,. The position of both
vehicles are: Rz,and By, (#3, W) for Vehicle 1 and B,4and
V43 (#5, S) for Vehicle 2. Data in Figure 9b, shows that
Vehicle 3, contacts at t;, the leader (V2V), from #7, W (G
V,1). At t, moves to #1 (Rs2 Gz Byo Vo) and finally sends
the request message, at ts, from #3,W (R3, B, ) to the leader
(V2V) and to the infrastructure (V21).

V. CONCLUSIONS

A distributed mechanism for the control and management
of a traffic light controlled crossroad network, where
convehicles receive information from the network (I12V),
interact each other (V2V) and with the infrastructure (V2I)
was analyzed. VLC is the transmission technology. A
simulated traffic scenario was presented and a generic
model of cooperative transmissions for vehicular
communications services was established.

As a proof of concept, a phasing of traffic flows is
suggested. The system is composed by VLC transmitters
that modulate the light produced by white LEDs, and by
VLC receivers, based on photosensitive elements (a-SiC:H
pinpin photodiodes), that code and decode the emitted
modulated signals. The experimental results confirmed that
the proposed cooperative VLC architecture is suitable for
the intended applications. Considering the experimental
results obtained in the prototype and reported in this paper,
and the potential for further improvements, it seems
reasonable to anticipate the increasing usage of this
approach in the near future.
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In order to move towards real implementation, the
performance of such systems still needs improvement. As a
future goal, we plan to finalize the embedded application,
for experimenting in several road configurations with either
static or moving vehicles.
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